Table 1: Open Problems

Id Basis Proposal Min.Lex. GAP
PB[6,001] (A) [111111,111111,111111,111111,111211,112315] | (6,413)
xy? ~ zaz [111111,111111,111111,111112,111211,112315] | (6,414)
(B) [111111,111111,111111,111112,112143,111112] | (6,2416)
3~ yzy [111111,111111,111111,111112,112143,111122] | (6,2417)
x® ~ yzab
TYZ N YTZ
PB[6,002] (Known basis) [111111,111111,111111,111111,111211,113116] | (6,989)
z? =~ 3 [111111,111111,111111,111111,111211,113136] | (6,990)
xy? ~ yx? [111111,111111,111111,111111,111211,113316] | (6,991)
ryz ~ 1Y’z [111111,111111,111111,111111,111211,113336] | (6,992)
[111111,111111,111111,111111,111455,112455] | (6,2909)
[111111,111111,111111,111111,122255,122355] | (6,2917)
[111111,111111,111111,111112,113151,111211] | (6,1052)
[111111,111111,111111,111112,113153,111211] | (6,1053)
[111111,111111,111111,111112,113155,113155] | (6,2930)
[111111,111111,111111,111112,113155,113255] | (6,2931)
[111111,111111,111111,111112,113353,111211] | (6,1054)
[111111,111111,111111,111112,113355,113355] | (6,2932)
[111111,111111,123333,123333,123333,123343] | (6,3059)
[111111,111111,123333,123333,123334,123343] | (6,3061)
Note: Website W(6,1)
PB[6,003] (A) [111111,111111,111111,111111,111212,112325] | (6,871)
ryr ~ Yy’ [111111,111111,111111,111112,111212,112325] | (6,872)
TYZ R YTZ [111111,111111,111111,111122,111121,112234] | (6,2538)
zt ~ yzab [111111,111111,111111,111122,111122,112234] | (6,2539)
(B)
YT ~ 1y’
TYZ R YTZ
zt ~ yzab
PB[6,004] (A) [111111,111111,111111,111112,111113,112141] (6,42)
x? ~y’z
(B)
x? =~ y’z
Yz R 2y
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1d Basis Proposal Min.Lex GAP
PB[6,005] (A) [111111,111111,111111,111112,111113,112142] | (6,338)
zy? ~ 2%a [111111,111111,111111,111112,111123,112141] | (6,481)
(B) [111111,111111,111111,111112,111123,112142] | (6,1485)

3~ y’z

2 &~ yzab

TYZ = 2Yx
PB[6,0006] (A) [111111,111111,111111,111112,111124,112245] | (6,2579)
xy? =~ yry [111111,111111,111112,111112,111123,112135] | (6,2579)
TYz R T2y [111111,111111,111112,111211,111123,112235] | (6,5117)
z2y? ~ 23y [111111,111111,111112,111212,111123,112135] | (6,5117)
PB[6,007] (A) [111111,111111,111111,111112,111151,112214] | (6,2800)
zy? ~ 22y [111111,111111,111112,111112,111151,111214] | (6,2800)
TYz R T2Y [111111,111111,111112,111211,111151,112213] | (6,5346)
zy? ~ y’x [111111,111111,111112,111212,111151,112113] | (6,5346)
[111111,111111,111112,111441,111441,112123] | (6,5465)
[111111,111111,111112,111441,111442,112113] | (6,5465)
[111111,122222,122222,122222,122223,122335] | (6,2844)
[111111,122222,122222,122223,122223,122235] | (6,2844)
[111111,122222,122222,122223,122232,122334] | (6,5365)
[111111,122222,122222,122223,122233,122324] | (6,5365)
PB[6,008] (A) [111111,111111,111111,111112,112114,111113] | (6,413)
Tyr ~ 2% [111111,111111,111111,111112,112114,111123] | (6,414)
[111111,111111,111111,111112,112124,111113] | (6,2416)
[111111,111111,111111,111112,112124,111123] | (6,2417)
PB[6,009] (A) [111111,111111,111111,111112,112143,112141] | (6,583)
3~ yz? [111111,111111,111111,111112,112143,112142] | (6,2494)

2%y = yry
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1d Basis Proposal Min.Lex GAP
PB[6,010] (A) [111111,111111,111111,111112,113151,111214] | (6,2797)
YT ~ Yy’ [111111,111111,111111,111112,113153,111214] | (6,2798)
TYZ R Yrz [111111,111111,123333,123333,123334,123345] | (6,5480)
zdy ~ aty
(B)
YT ~ Yy’
TYZ N YTZ
ryza =~ r’yza
ryr ~ 1y’
TYZ YTz
ryza ~ r’yza
PB[6,011] (A) [111111,111111,111111,111112,121451,111113] | (6,2638)
YT ~ Yy’ [111111,111111,111111,111112,121452,111113] | (6,2639)
xy? ~ yxy
xyz & 2y
(B)
ryr ~ Yy’
ryr ~ Yy’
xyz & Yz
PB[6,012] (A) [111111,111111,111111,111114,111121,113116] | (6,2604)
2y ~ 3y [111111,111111,111111,111114,111121,113136] | (6,2605)
TYT = Yy [111111,111111,111111,111114,111124,113116] | (6,2605)
zy? ~ xy’ [111111,111111,111111,111114,111124,113136] | (6,2609)
z2y? ~ xyx [111111,111111,111111,111211,112115,113116] | (6,2653)
ryrz ~ xlyz [111111,111111,111111,111211,112215,113316] | (6,2654)
(B) [111111,111111,111111,112114,112124,113116] | (6,2654)
TYT = Yxy [111111,111111,111333,121444,121444,121445] | (6,5858)

xyz ~ ry’z
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1d Basis Proposal Min.Lex GAP
PB[6,013] (A) [111111,111111,111111,111114,111121,113416] | (6,2606)
22y ~ 23y [111111,111111,111111,111114,111121,113436] | (6,2607)
TYZ A YTy [111111,111111,111111,111114,111124,113446] | (6,2610)
22yx ~ ryx [111111,111111,111113,111113,111121,113416] | (6,2667)
zylr ~ 2%y? [111111,111111,111113,111113,111123,113436] | (6,2669)
(B) [111111,111111,111113,111113,111123,113446] | (6,2670)
22y ~ 2%y [111111,111111,111333,123444,123444,123445) | (6,5859)
ryr ~ xlyx [111111,111222,111222,123444,123444,123445] | (6,5861)

TYz N YTz

nyzaz ~ xaz2y:p
PB[6,014] (Known basis) [111111,111111,111111,111114,112111,111116] | (6,989)
2%~ 3 [111111,111111,111111,111114,112114,111116] | (6,991)
22y ~ 2z [111111,111111,111111,111144,111155,112155] | (6,2930)
xyz ~ Y’z [111111,111111,111112,111141,111151,111141] | (6,990)
[111111,111111,111112,111141,111151,112111] | (6,1052)
[111111,111111,111112,111141,111151,112141] | (6,1053)
[111111,111111,111112,111144,111155,111155] | (6,2909)
[111111,111111,111112,111144,111155,112155] | (6,2931)
[111111,111111,111113,111113,111213,111116] | (6,992)
[111111,111111,111113,111123,111213,111116] | (6,1054)
[111111,111111,111133,111133,111155,111255] | (6,2932)
[111111,111122,111122,111123,111155,111155] | (6,2917)
[111111,112222,113333,113333,113333,113343] | (6,3059)
[111111,112222,113333,113333,113334,113343] | (6,3061)
Note: Website W(6,2)

PB[6,015] (A) [111111,111111,111111,111114,112111,111416] | (6,1039)
2%~ 3 [111111,111111,111111,111114,112114,111446] | (6,1044)
zy? =~ yry [111111,111111,111111,111144,111455,112455] | (6,2938)
TYZ A T2Y [111111,111111,111112,111141,111454,111141] | (6,1044)
(B) [111111,111111,111112,111144,111455,111455] | (6,2938)
22~ 23 [111111,111111,111113,111113,111213,113336] | (6,1101)
TYz A T2Y [111111,111122,111122,111122,122255,122355] | (6,3022)
TYZ R YTz [111111,111122,111122,111123,122255,122255] | (6,3022)
[111111,112222,123333,123333,123333,123343] | (6,3064)
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1d Basis Proposal Min.Lex GAP
PB[6,016] (A) [111111,111111,111111,111114,112111,121156] | (6,1040)
22~ 2d [111111,111111,111111,111114,112111,122156] | (6,1042)
TYT * YIY [111111,111111,111112,111141,123151,111141] | (6,1098)
x2y? ~ xyx [111111,111111,111112,111141,123152,111141] | (6,1099)
xy22 ~ rYyzy
(B)
2~ 2?
TYT ~ Yyry
YT ~ x2yx
TYzZa = :csza
PB[6,017] (A) [111111,111111,111111,111114,112111,121456] | (6,1041)
2%~ 23 [111111,111111,111111,111114,112111,122456] | (6,1043)
ryx ~ Yy’ [111111,111111,111111,111114,112114,121456] | (6,1045)
ry’r ~ x%y? [111111,111111,111111,111114,112114,122456] | (6,1046)
TYZT N T2YT [111111,111111,111111,111124,112111,121456] | (6,1062)
(B) [111111,111111,111111,111124,112111,122456] | (6,1063)
x? ~ o [111111,111111,111112,111141,123454,111141] | (6,1100)
ryr ~ yr? [111111,111111,111112,112141,123454,112141] | (6,1134)
x2y? ~ zy’e [111111,111111,111113,111113,111213,123356] | (6,1102)

TYza N Yrza
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1d Basis Proposal Min.Lex GAP
PB[6,018] (A) [111111,111111,111111,111114,112121,111416] | (6,2612)
2® ~ gt [111111,111111,111111,111114,112124,111446] | (6,2614)
xy? ~ yxy [111111,111111,111112,111141,111451,111112] | (6,2612)
TYz R T2Y [111111,111111,111112,111141,111454,111142] | (6,2614)
(B) [111111,111111,111113,111113,111221,113316] | (6,2671)
2y ~ 3y [111111,111111,111113,111113,111223,113336] | (6,2672)
TYz R T2Y [111111,111111,111113,111123,111121,113316] | (6,2671)
TYZ R YTz [111111,111111,111113,111123,111123,113336] | (6,2672)
[111111,111111,111113,111211,111221,113116] | (6,5158)
[111111,111111,111113,111211,111223,113136] | (6,5159)
[111111,111111,111113,111213,111221,113316] | (6,5159)
[111111,111111,111113,111213,111223,113336] | (6,5161)
[111111,111111,111133,111211,113155,113255] | (6,5421)
[111111,111111,111133,111212,113155,113155] | (6,5421)
[111111,112222,123333,123333,123333,123344] | (6,5483)
[111111,112222,123333,123333,123334,123334] | (6,5483)
[111111,112222,123333,123333,123343,123344] | (6,9396)
PB[6,019] (A) [111111,111111,111111,111122,111133,112141] | (6,583)
3~ y’z [111111,111111,111111,111122,111133,112142] | (6,2494)

Ty ~ 1Y

(B)

3~ y’z

a3 ~ yzab

YT ~ 1y’
PB[6,020] (A) [111111,111111,111111,111122,111133,112244] | (6,2558)

xy? & 2y

TYZ A xT2Y

xt ~ yzab

(B)

2y ~ zy?

TYz A x2Y

xt ~ yzab
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1d Basis Proposal Min.Lex GAP
PB[6,021] (A) [111111,111111,111111,111124,112124,121456] | (6,2636)
22y ~ 23y [111111,111111,111111,111124,112124,122456] | (6,2637)
YT ~ Yy’ [111111,111111,111123,111123,111223,123356] | (6,2705)
TYZT = T2YT
(B)
2y =~ 3y
zyr ~ ya’
TYZQ N Yrza
22920 ~ 22y
PB[6,022] (A) [111111,111111,111111,111144,113456,133456] | (6,3339)
22~ 3 [111111,111122,111122,111122,122456,124456] | (6,3889)
YT ~ Yy’ [111111,111123,111123,111123,123256,123356] | (6,3930)
TYZX R TZYT [111111,111123,111123,111123,123356,123256] | (6,3932)
(B)
z? =~ 3
xyr ~ Yy’
TYZQ R Yrza
PB[6,023] (A) [111111,111111,111111,111211,113151,666666] | (6,5522)
22y ~ 23y [111111,111111,111111,111211,113155,113166] | (6,5524)
YT ~ Yy’ [111111,111111,111111,111211,113351,666666] | (6,5528)
zy? ~ zy? [111111,111111,111111,111211,113355,113366] | (6,5530)
TYZX R TZYT [111111,111111,112111,444444,444444,444456] | (6,9541)
(B) [111111,111111,112111,444444,444444,445456] | (6,9542)
ryT ~ Yy’ [111111,111111,123133,444444,123133,123135] | (6,9642)
TYZ R TYTZ [111111,111111,123333,123333,123343,126666] | (6,9639)

TYZT R TZYX
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1d Basis Proposal Min.Lex GAP
PB[6,024] (A) [111111,111111,111111,111211,113156,113156] | (6,5525)
22y ~ 13y [111111,111111,111111,111211,113356,113356] | (6,5531)
TYz A YTz [111111,111111,123336,123336,123346,123336] | (6,9619)
22y? ~ zy? [111116,111116,111116,111216,113156,111116] | (6,5550)
(B) [111116,111116,111116,111216,113356,111116] | (6,5560)
TYzZ R YTz [111116,111116,123336,123336,123346,111116] | (6,9633)
Yz ~ xlyz [111155,111155,111155,111255,111155,113156] | (6,5554)
[111155,111155,111155,111255,111155,113356] | (6,5564)
[111155,111155,112155,111456,111155,111155] | (6,9544)
[111155,122256,122256,122356,111155,111155] | (6,9662)
[111444,111444,112444,111444,111444,111456] | (6,9547)
PBI[6,025] (A) [111111,111111,111111,111211,113156,113165] | (6,5380)
22y ~ xty [111111,111111,111111,111211,113356,113365] | (6,5382)
TYZ A Yz [111111,111111,123336,123336,123346,126663] | (6,5498)
zy? ~ 22yx [111111,111111,123355,123355,125533,125534] | (6,5509)
(B) [111116,111116,111116,111216,113156,666661] | (6,2847)
ryxr ~ Y3 [111116,111116,111116,111216,113356,666661] | (6,2848)
TYz R yxz [111116,111116,123336,123336,123346,666661] | (6,5872)
Tyz & r3Yz [111155,111155,111155,113455,555511,555512] | (6,2869)
[111155,111155,112155,111456,555511,555511] | (6,2878)
[111155,122256,122256,122356,555511,555511] | (6,5879)
[111444,111444,113446,444111,444121,444111] | (6,2885)
[111444,111444,113455,444111,444111,444112] | (6,2886)
PB[6,026] (A) [111111,111111,111111,111211,113156,113356] | (6,5526)
TYz N Yryz
TYZL X TZYL
(B)
YT ~ y:c2

Yz ~ Y’z
TYZT = T2YT
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1d Basis Proposal Min.Lex GAP
PB[6,027] (A) [111111,111111,111111,111211,113156,666666] | (6,5527)
22y ~ 23y [111111,111111,111111,111211,113356,666666] | (6,5532)
YT ~ Yy’ [111111,111111,112111,111456,555555,555555] | (6,9539)
22yx ~ ryx [111111,111111,123336,123336,123346,666666] | (6,9643)
(B)

zyr ~ Yy’

ryr ~ xlyx

TYZ R TYTZ
PB[6,028] (A) [111111,111111,111111,111411,112111,666666] | (6,3362)
22~ 3 [111111,111111,111111,111414,112111,111616] | (6,3364)
zy? ~ 22y [111111,111111,111111,111414,555555,112414] | (6,5894)
TYz R T2Y [111111,111111,111111,111444,111555,112444] | (6,5912)
(B) [111111,111111,111111,112111,555555,555556] | (6,3379)
z? ~ 3 [111111,111111,111112,111411,555555,112111] | (6,3619)
TYzZ R T2Y [111111,111111,111112,111411,555555,555555] | (6,6173)
xyz ~ r2yz [111111,111111,111112,111414,555555,111414] | (6,6155)
[111111,111111,111112,111414,555555,112414] | (6,6157)
[111111,111111,111112,111441,111551,112111] | (6,3621)
[111111,111111,111112,111444,111555,111444] | (6,5919)
[111111,111111,111112,111444,111555,112444] | (6,6160)
[111111,111111,111112,444444,444454,112111] | (6,3623)
[111111,111111,111112,444444,444454,444444] | (6,6178)
[111111,111111,111112,444444,444455,444455] | (6,6181)
[111111,111111,113113,444444,444444,113123] | (6,9817)
[111111,121222,333333,121222,121222,121242] | (6,4002)
[111111,121222,333333,121222,121224,121242] | (6,4004)
[111111,122222,122222,122222,122322,166666] | (6,3972)
[111111,122222,122222,122223,155555,122322] | (6,3985)
[111111,122222,122222,122223,155555,155555] | (6,6625)
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1d Basis Proposal Min.Lex GAP
PB[6,029] (A) [111111,111111,111111,111416,112111,111416] | (6,3364)
22~ 3 [111111,111111,111111,111446,112446,111446] | (6,5919)
22y ~ zy? [111111,111111,111112,111451,111451,112111] | (6,3621)
TYZ R Yrz [111111,111111,111112,111454,111454,111454] | (6,5912)
(B) [111111,111111,111112,111454,111454,112454] | (6,6160)
z? =~ 3 [111111,122226,122226,122226,122326,122226] | (6,3972)
2y ~ xy? [111111,122226,122226,122236,122326,122226] | (6,3985)
TYZ R YTz [111111,122255,122255,122255,122255,122355] | (6,6625)
xyz ~ Yz [111116,111116,111116,111416,112116,111116] | (6,3362)
[111116,111116,111116,111446,112446,111116] | (6,6155)
[111116,111116,111126,111416,112116,111116] | (6,3619)
[111116,111116,111126,111446,111446,111116] | (6,5894)
[111116,111116,111126,111446,112446,111116] | (6,6157)
[111116,122226,122226,122226,122326,111116] | (6,4002)
[111116,122226,122226,122236,122326,111116] | (6,4004)
[111155,111155,111155,111455,111155,112155] | (6,6173)
[111155,111155,111155,112155,111155,111156] | (6,3379)
[111155,111155,111255,112155,111155,111156] | (6,3623)
[111155,111155,113355,113355,111155,111255] | (6,9817)
[111444,111444,111444,111444,111454,112444] | (6,6178)
[111444,111444,111444,111444,111455,112455] | (6,6181)

Continued on next page

10




Table 1 — Continued from previous page

1d Basis Proposal Min.Lex GAP
PB[6,030] (A) [111111,111111,111111,111416,112111,111614] | (6,2958)
2~ ! [111111,111111,111111,111446,112446,111664] | (6,5770)
zy? =~ yry [111111,111111,111111,111455,111544,112544] | (6,5772)
TYZ A T2Y [111111,111111,111112,111454,111545,111454] | (6,5770)
(B) [111111,111111,111112,111455,111544,111544] | (6,5772)
22 ~ 2t [111111,122226,122226,122226,122326,166662] | (6,1265)
22y ~ ya? [111111,122444,122444,144222,144222,144232] | (6,1359)
xyz ~ Yz [111111,122444,122444,144222,144222.145222] | (6,1360)
[111111,122444,122445,144222,144222.144222] | (6,1360)
[111116,111116,111116,111416,112116,666661] | (6,1236)
[111116,111116,111116,111446,112446,666661] | (6,3069)
[111116,111116,111126,111446,111446,666661] | (6,3069)
[111116,122226,122226,122226,122326,666661] | (6,3065)
[111444,111444,113444,444111,444111,444121] | (6,1318)
[111444,111444,113444,444111,444111,454111] | (6,1322)
[111444,111445,113444,444111,444111,444111] | (6,1322)
[111444,122444,122444,444111,444111,445111] | (6,3131)
[111444,122444,122445,444111,444111,444111] | (6,3131)
PB[6,031] (A) [111111,111111,111111,111416,112111,666666] | (6,3367)
22~ 23 [111111,111111,111111,111446,112446,666666] | (6,5921)
22y ~ zyx [111111,111111,111112,111451,555555,112111] | (6,3622)
xyz ~ Yz [111111,111111,111112,111454,555555,111454] | (6,6161)
(B) [111111,111111,111112,111454,555555,112454] | (6,6163)
z? ~ a3 [111111,111111,111112,111455,555555,555555] | (6,6174)
22y ~ zyx [111111,122226,122226,122226,122326,666666] | (6,4008)
xyz ~ Yz [111111,122226,122226,122236,122326,666666] | (6,4010)

Continued on next page
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Id Basis Proposal Min.Lex GAP

111111,111111,111111,112111,122455,122466
111111,111111,111112,123411,555555,555555
111111,111111,111112,123412,555555,555555

TYZT = T2ZYT

(B)

$2%$3

PB[6,032] (A) [111111,111111,111111,111416,112121,111614] | (6,5398)
28 & 2P [111111,111111,111112,111451,111541,111112] | (6,5398)
zy? ~ yzy [111111,111111,112111,111416,112121,111614] | (6,9352)
Tyz ~ T2y [111111,111111,112111,111446,112446,111664] | (6,5875)
(B) [111111,111111,112111,111455,111544,112544] | (6,5882)
22y ~ ya? [111111,111111,112112,111454,111545,111454] | (6,5875)
zyz ~ 23y [111111,111111,112112,111455,111544,111544] | (6,5882)
[111111,122226,122226,122226,122336,166662] | (6,2865)
[111111,122226,122226,122236,122236,166662] | (6,2865)
[111111,122226,122226,122326,122336,166662] | (6,5308)
[111111,122444,122444,144222,144222.144233] | (6,2901)
[111111,122444,122444,144222,144223,144223] | (6,2901)
[111111,122444,122444,144222,144232,144233] | (6,5322)
[111116,111116,111116,111416,112126,666661] | (6,2849)
[111116,111116,111126,111416,111126,666661] | (6,2849)
[111116,111116,112116,111416,112126,666661] | (6,5300)
[111116,111116,112116,111446,112446,666661] | (6,5490)
[111116,111116,112126,111446,111446,666661] | (6,5490)
[111116,122226,122226,122226,122336,666661] | (6,5484)
[111116,122226,122226,122236,122236,666661] | (6,5484)
[111116,122226,122226,122326,122336,666661] | (6,9397)
[111444,111444,113444,444111,444111,444122] | (6,2887)
[111444,111444,113444,444111,444112,444112] | (6,2887)
[111444,111444,113444,444111,444121,444122] | (6,5314)

PB[6,033] (A) 111111,111111,111111,112111,121451,666666] | (6,3368)
2%~ 2? 111111,111111,111111,112111,121455,121466] | (6,3370)

( )

( )

( )

( )

[ ]
[ ]
zyz ~ Ty [111111,111111,111111,112111,122451,666666]
[ ]
[ ]
[ ]

YT ~ Yy’

xyz & r2yz

TYZT R TZYT

Continued on next page
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1d Basis Proposal Min.Lex GAP
PB[6,034] (A) [111111,111111,111111,112111,121456,121456] | (6,3371)
22~ 8 [111111,111111,111111,112111,122456,122456] | (6,3377)
Ty ~ Yz’ [111116,111116,111116,112116,121456,111116] | (6,3810)
Tyz ~ xlyz [111116,111116,111116,112116,122456,111116] | (6,3823)
zy’z ~ xyrz [111155,111155,111155,112155,111155,121456] | (6,3816)
(B) [111155,111155,111155,112155,111155,122456] | (6,3829)
22~ 23 [111155,111155,111155,113456,111155,131155] | (6,6433)
Ty ~ Yy’ [111155,111155,111155,122456,111155,112155] | (6,6440)
Yz ~ x2yz [111444,111444,111444,111444,112444,121456] | (6,6438)
ryrz ~ ry’z [111444,111444,111444,111444,112444,122456] | (6,6445)
PBI[6,035] (A) [111111,111111,111111,112111,121456,121465] | (6,2960)
22~ gt [111111,111111,111111,112111,122456,122465] | (6,2962)
Ty ~ yr’ [111116,111116,111116,112116,121456,666661] | (6,1237)
Tyz ~ 23y [111116,111116,111116,112116,122456,666661] | (6,1238)
ryr ~ x2y? [111444,111444,113456,444111,444111,454111] | (6,1323)
(B) [111444,111444,123446,444111,444111,444121] | (6,1319)
22~ ot [111444,111445,123454,444111,444111,444111] | (6,1349)
Ty ~ yz? [111444,111445,123455,444111,444111,444111] | (6,1351)
TYT ~ $2y3
TYZ ~ x3yz
PBI[6,036] (A) [111111,111111,111111,112111,121456,122456] | (6,3372)
2~z
YT ~ ymz

ryz ~ rlyz
TYZL R TZYX
(B)
.CEQ ~ $3
o 0ym2
TYT = YT
xyz & r2yz
TYza X Yyrza

Continued on next page
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1d Basis Proposal Min.Lex GAP
PB[6,037] (A) [111111,111111,111111,112111,121456,666666] | (6,3373)
22~ 2d [111111,111111,111111,112111,122456,666666] | (6,3378)
ryx ~ 1Y’ [111111,111111,111112,123455,555555,555555] | (6,6177)
x2y$ ~ TYyr
(B)
.CC2 ~ :L’3
YT ~ xy2
TYZ R nyz
PB[6,038] (A) [111111,111111,111111,112115,112215,113316] | (6,1075)
562 ~ $3
YT = nygU
:r?y:c ~ x2y2
xyx2 ~ 1:2y:c
(B)
.CC2 ~ LL’3
TYz R xy2z
x2yx ~ x2y2
x2ym N Yyryxr
PBI[6,039] (Known basis) [111111,111111,111111,112115,555555,666666] | (6,3393)
2%~ 23 [111111,111111,111112,444444,555555,111141] | (6,3557)
Ty ~ TYZ [111111,111111,111112,444444,555555,112141] | (6,3625)
[111111,111111,111112,444444,555555,444414] | (6,6172)
[111111,111111,111112,444444,555555,444555] | (6,6180)
[111111,111111,111114,444444,112114,666666] | (6,3558)
[111111,111111,111124,444444,112114,666666] | (6,3626)
[111111,111111,111124,444444,444441,666666] | (6,6187)
[111111,111111,111124,444444,444444,666666] | (6,6188)
[111111,111111,333333,333312,555555,555555] | (6,9884)

Note: Website W(6,3)

Continued on next page
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Id Basis Proposal Min.Lex GAP
PB[6,040] (A) [111111,111111,111111,112124,112124,113136] | (6,2664)
z?y & iy

YT ~ xy’e
zy? ~ zy’
22yr ~ 2%y?
(B)
xyz ~ Ty’
w2yr ~ x%y?

r2yr ~ yryx

PBI6,041] (A) [111111,111111,111111,113416,555555,133416] | (6,7184)
zy ~ 1ty [111111,111111,123116,444444,444444,123126] | (6,10475)
TYZT = TZYT
(B)
xy ~ 2y
TYZL R TZYX

PB[6,042] (A) [111111,111111,111111,113456,133456,666666] | (6,7216)
Yy ~ 2y
ryr? ~ ryx
ryrz? ~ ryz?
(B)
zy ~ z?y
TYZT R TYTZT

TYZT X TYZYT

[111111,111111,111112,111112,111213,111214] | (6,871)

Tyz ~ a2y [111111,111111,111112,111112,111213,111224] | (6,872)

zyz ~ y2 [111111,111111,111112,111112,111223,111214] | (6,2538)

z* ~ yzab [111111,111111,111112,111112,111223,111224] | (6,2539)
(B)

x2y R~ yxy

TYzZ 2 x2Y

xt ~ yzab

PB[6,043] (A)

Continued on next page
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Id

Basis Proposal

Min.Lex

GAP

PB[6,044]

(A)
22y ~ zy?
TYZ X YTZ
xt ~ yzab
(B)
2y ~ zy?
TYZ X YTZ
xt ~ yzab

[111111,111111,111112,111112,111234,111234]

(6,2558)

PB[6,045]

(A)

TY = Yyr

3

xz° ~ yzab

[111111,111111,111112,111121,111213,112134]
[111111,111111,111112,111121,111223,112134]

(6,880)
(6,2556)

PB[6,046]

(A)

TY = Yyr

z* ~ yzab

(B)
TY = YT

xt ~ yzab

[111111,111111,111112,111121,111234,112143]
[111111,111111,111112,111122,111213,112234]
[111111,111111,111112,111122,111223,112234]

(6,2222)
(6,881)
(6,2557)

PB[6,047]

(A)

x? = 92
YT X YTy
(B)

z? ~ y?
TYr = Yyry

TYZ X ZYT

[111111,111111,111112,111121,112114,111231]

(6,141)

PB[6,048]

(A)

TYT = Yy

xy? =~ 2%a

(B)
3~ y’z
x® &~ yzab
TYT R Yyxy

TYZ N ZYT

[111111,111111,111112,111121,112114,111232]
[111111,111111,111112,111121,112124,111232]

(6,659)
(6,1865)

Continued on next page
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1d Basis Proposal Min.Lex GAP
PB[6,049] (A) [111111,111111,111112,111123,111234,112345] | (6,2582)
TY = Yyr
2392 ~ oty
(B)
TY = Yyx
22yza ~ xy’za
2% ~ zyzabe
PB[6,050] (A) [111111,111111,111112,111141,111151,112113] | (6,2797)
TYz R T2y [111111,111111,111112,111141,111151,112143] | (6,2798)
ryr ~ ylx [111111,112222,113333,113333,113334,113345] | (6,5480)
(B)
x2y ~ YTy
TYZ = x2Y
ryza ~ ry’za
PB[6,051] (A) [111111,111111,111112,111141,111451,112113] | (6,2802)
TY R YT [111111,111111,111112,111141,111454,112143] | (6,2803)
zty ~ 23y [111111,112222,123333,123333,123334,123345] | (6,5487)
(B)
TY = Yyr
22yz ~ 3yz
PB[6,052] (A) [111111,111111,111112,111141,123153,111112] | (6,2675)
2y =~ 23y [111111,111111,111112,111141,123153,111142] | (6,2677)
TYT & Yyxy
(B)
22y ~ 23y
TYT = Yy
zyr ~ rlyx
ryza ~ ry’za
PB[6,053] (A) [111111,111111,111112,111141,123453,111112] | (6,2676)
2y = 3y [111111,111111,111112,112142,123453,111112] | (6,2702)
xyr ~ yrd [111111,111111,111113,111123,111123,123446] | (6,2680)
(B)
22y ~ 23y

YT ~ ryr’
YTy ~ Ty’T

TYZa N Yrza

Continued on next page
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Id Basis Proposal Min.Lex GAP

PB(6,054] (A) [111111,111111,111112,111144,123155,123155] | (6,2979)
.’,U2 ~ $3
zyr ~ rlyx

22y? ~ zyz?

ryza =~ ry’za
PB(6,055] (A) [111111,111111,111112,111144,123455,123455] | (6,2980)

2 g3 [111111,111111,111112,112144,123455,123455] | (6,2986)

T~
zyr ~ rlyx [111111,111122,111122,111123,123455,123455] | (6,3032)
z2y? ~ zyzy

Y’z A~ yryz
TYzY A YTy
(B)
22~ a3
zTyx ~ 22yx
22y? ~ zyix
TYza X yrza
PB[6,056] (A) [111111,111111,111112,111213,111151,112314] | (6,5368)

Ty ~ [111111,122222,122222,122223,122234,122345] | (6,5371)
22y ~ 23y
(3)

TY R Yx

22yz ~ xyz
zyzab ~ r’yzab

PB[6,057] (A) [111111,111111,111112,111213,555555,112314] | (6,5369)

TYZ R x2Y

z2y? ~ 23y
(B)
TYZ = x2Y

22yz ~ xy’z

x° = wyzab

Continued on next page
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111116,122226,122226,122236,122346,666661

1d Basis Proposal Min.Lex GAP

PB[6,058] (A) [111111,111111,111112,111411,555555,112113] | (6,5680)
zy? ~ 22y [111111,111111,111112,111441,111551,112113] | (6,5682)
TYz R T2Y [111111,111111,111112,444444,444454,112113] | (6,5684)
(B) [111111,121222,333333,121222,121224,121245] | (6,5724)
2y ~ zy? [111111,122222,122222,122223,155555,122324] | (6,5714)

TYZ = x2Y

ryza =~ r2yza

PB[6,059] (A) [111111,111111,111112,111451,111451,112113] | (6,5682)
22y ~ zy? [111111,122226,122226,122236,122346,122226] | (6,5714)
TYzZ R Yrz [111116,111116,111126,111416,112136,111116] | (6,5680)
(B) [111116,122226,122226,122236,122346,111116] | (6,5724)
22y ~ zy? [111155,111155,111255,112355,111155,111156] | (6,5684)

TYZ X YTZ

ryza ~ r2yza

PB[6,060] (A) [111111,111111,111112,111451,111541,112111] | (6,3013)
22~ 2t [111111,111111,111112,111454,111545,112454] | (6,5790)
TY &y [111111,111111,111112,111455,111544,112544] | (6,5791)
zy® &~ 23y [111111,122226,122226,122236,122326,166662] | (6,1266)
[111111,122444,122444,144222,144223,144232] | (6,1361)
[111111,122444,122445,144222,144222,145222] | (6,1362)
[111116,111116,111126,111416,112116,666661] | (6,1250)
[111116,111116,111126,111446,112446,666661] | (6,3078)
[111116,122226,122226,122236,122326,666661] | (6,3067)
[111444,111444,113444,444111,444112,444121] | (6,1336)
[111444,111445,113444,444111,444111,454111] | (6,1356)
[111444,122444,122445,444111,444111,445111] | (6,3140)
PB[6,061] (A) [111111,111111,111112,111451,111541,112113] | (6,5466)
TY Ry [111111,122226,122226,122236,122346,166662] | (6,2867)
AR [111111,122444,122445,144222,144222,145223] | (6,2903)
xy = 23y [111116,111116,111126,111416,112136,666661] | (6,2862)
[ Il ( )
[ ]« )

111444,111445,113444,444111,444111,454112

Continued on next page
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Min.Lex GA

P
83)

Id

Basis Proposal

(6,56

(6,5733)

PB[6,062]

22y ~ xyz
zy? ~ 22y

ryza ~ r2yza

(A)

(B)
22y ~ xyz
2y ~ ry?

[111111,111111,111112,111451,555555,112113]
[111111,122226,122226,122236,122346,666666]

(6,5577)

PB[6,063]

(A)
a2y ~ zdy
$y2
~ 3
TYT 2 XY

~ I‘2y2

TYZX R TZYT
(B)

TYT A TYTY
xyz & 2y
TYZT R TZYX

[111111,111111,111112,123413,555555,111112]
[111111,111111,111112,123443,123553,111112]

(6,

(6,6165)

5579)

PB[6,064]

(A)

.1?2%(]33

zyr ~ rlyx
zy? ~ 12y?
xyz? ~ xrzy?

[111111,111111,111112,123414,555555,123414]
[111111,111111,111112,123444,123555,123444]

(6,6167)

(6,5854)

PB[6,065]

(&)
x2y =~ 23y
ryr ~ xlyx

ry? ~ ya?
(B)
zy? ~ ya?

Tyz & £2yz

[111111,111111,111112,123444,123444,123445]

(6,5580)

PB[6,066]

&)
2y = 3y
2y~ a2y?
TYT R Yyryr
Y’z ~ zyrz

(B)
ryr ~ ya’
ryz &~ £2yz

[111111,111111,111112,123453,123453,111112]
[111116,111116,111126,123436,111126,111116]
[111155,111155,111255,111255,111155,123356]

(6,5635)
(6,5637)

TyTz N 1Y’z

Continued on next page
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1d Basis Proposal Min.Lex GAP
PB[6,067] (A) [111111,111111,111112,123453,123543,111112] | (6,5427)
22y ~ 'ty [111116,111116,111126,123436,111126,666661] | (6,2852)
zy? ~ 23y? [111444,111444,123455,444111,444112,444112] | (6,2890)
YT ~ y2xyx
TYTY ~ nyx
PB[6,068] (A) [111111,111111,111112,123453,555555,111112] | (6,5581)
xzy ~ x3y
xy2 ~ xzyz
YT ~ a:y3
(B)
TYT ~ TYTY
Yz = Q:Qyz
PB[6,069] (A) [111111,111111,111112,123454,123454,123454] | (6,6169)
22~ 23 [111116,111116,111126,123446,123446,111116] | (6,6510)
ryr ~ xlyx [111155,111155,123356,123356,111155,111255] | (6,9924)
xy2 ~ ya:yz
:L"sz ~ ryrz
(B)
.CC2 ~ $3
J:y2 ~ nyy
Yz = x2yz
TYTrz = xy2z
PB[6,070] (A) [111111,111111,111112,123454,123545,123454] | (6,5793)
22~ 2t [111111,111111,111112,123455,123544,123544] | (6,5794)
Ty ~ T3y [111116,111116,111126,123446,123446,666661] | (6,3079)
zy? ~ y2ay? [111444,122456,122456,444111,444111,445111] | (6,3141)
zny ~ acy3
(B)
$2 ~ .T4
2

zy? ~ 22y’
zy? ~ yady
xyz ~ Yz

Continued on next page
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1d Basis Proposal Min.Lex GAP
PB[6,071] (A) [111111,111111,111112,123454,555555,123454] | (6,6171)
.’L‘2 ~ IE3
zyr ~ rlyx
ryx? ~ xy?
(B)
z? ~ 3
zy? ~ ryr?
xyz ~ Yz
PB[6,072] (A) [111111,111111,111112,444444,555555,112143] | (6,5686)
Ty ~ Y’
zt ~ 2?yz
(B)
Ty ~ 1Y’
ryr? ~ ryza
PB[6,073] (A) [111111,111111,111113,111114,111121,111416] | (6,2606)
xy? ~ a1y’ [111111,111111,111113,111114,111121,113316] | (6,2667)
TYz A T2y [111111,111111,111113,111114,111123,111416] | (6,2607)
YT A ryr’ (111111,111111,111113,111114,111123,113136] | (6,2610)
zylr ~ y?a? [111111,111111,111113,111114,111123,113336] | (6,2669)
(B) [111111,111111,111113,111114,111123,114446] | (6,2670)
2y &~ 23y [111111,111222,111333,113444,113444,113445] | (6,5859)
zy? ~ zy’ [111111,111222,111333,122444,122444,122445] | (6,5861)
TYZ = x2Y
2292 ~ yaly
PB[6,074] (A) [111111,111111,111113,111114,111135,123156] | (6,2737)
2%~ zt [111111,111111,111113,111114,111135,123356] | (6,2738)
Tyrz & rlyz [111111,111111,111113,111334,111335,123446] | (6,5217)
zyle ~ x%y? [111111,111112,111112,111114,111125,123156] | (6,2738)
TYZL R TZYX [111111,111112,111112,111114,111125,123256] | (6,2750)
zylr ~ y?a? [111111,111112,111112,111224,111225,123446] | (6,5228)
[111111,111112,111113,111224,111224,121456] | (6,5217)
[111111,111112,111113,111224,111224,122456] | (6,5228)
[111111,111112,112223,112223,112225,123436] | (6,9319)
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1d Basis Proposal Min.Lex GAP
PB[6,075] (A) [111111,111111,111113,111114,111311,121116] | (6,1040)
22~ 2d [111111,111111,111113,111114,111311,121126] | (6,1098)
TYT * YIY [111111,111111,111113,111114,111313,121116] | (6,1042)
22y? ~ xyx [111111,111111,111113,111114,111313,121126] | (6,1099)
TYTz = x2yz
(B)
2~ 2?
TYT ~ Yyxy
YT ~ x2yx
TYzZa = xyzQa
PB[6,076] (A) [111111,111111,111113,111114,111315,123456] | (6,1118)
2%~ 23 [111111,111112,111112,111114,111215,123456] | (6,1170)
ryx ~ Yy’ [111111,111112,111112,111114,144115,123456] | (6,1176)
Ty ~ T2y [111111,111112,111113,112114,112114,123456] | (6,1193)
xy2a; ~ 3:2y2
(B)
22~ a3
YT ~ ny
x2y2 ~ xyzx
$2yz ~ ryrz
PB[6,077] (A) [111111,111111,111113,111114,111321,111116] | (6,2638)
22y ~ xyx [111111,111111,111113,111114,111323,111116] | (6,2639)
TYz R a:yz2
YT ~ y2:c
(B)
a:2y N TYT
x2y ~ yry
TYz ~ :L‘yZQ
PB[6,078] (A) [111111,111111,111113,111114,111334,121116] | (6,2675)
TYT ~ YTy [111111,111111,111113,111114,111334,121126] | (6,2677)
xy2 ~ my3
(B)
TYT ~ Yyry

ryr ~ xlyx
xy? ~ xy’

ryza ~ ryzla
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1d Basis Proposal Min.Lex GAP
PB[6,079] (A) [111111,111111,111113,111114,111335,121446] | (6,2683)
ry? ~ xy° [111111,111112,111112,111114,144145,123126] | (6,2706)
YTz = Q:Qyz
:Ey2x ~ x2y2
(B)
:Uy2 ~ xy3
TYza X r2Ya
x3y2 o yx2y2
x2yzy ~ ny,zx
PB[6,080] (A) [111111,111111,111113,111114,111335,123456] | (6,2741)
3~ at [111111,111111,111113,111134,111135,123456] | (6,2742)
YT ~ Yy’ [111111,111111,111113,111314,111335,123456] | (6,5211)
ryrz ~ xlyz [111111,111112,111112,111114,111225,123456] | (6,2753)
zyle ~ 2%y? [111111,111112,111112,111114,144145,123456] | (6,2760)
(B) [111111,111112,111112,111124,111125,123456] | (6,2754)
x3 ~ 2t [111111,111112,111112,111214,111225,123456] | (6,5222)
ryr ~ ya’ [111111,111112,111113,112224,112224,123456] | (6,5247)
22y ~ xy’x [111111,111112,111123,111123,111125,123456] | (6,2764)
22yz ~ ryrz [111111,111112,111223,111224,111224,123456] | (6,5248)
[111111,111112,112113,112224,112224,123456] | (6,9306)
[111111,111112,112123,112224,112123,123456] | (6,9307)
PB[6,081] (A) [111111,111111,111113,111124,111124,121456] | (6,2683)
22y ~ 23y [111111,111111,111123,111124,111123,123356] | (6,2706)
m2y2 ~ YTy
TYZT X TZYT
xy2:c ~ y2x2
PB[6,082] (A) [111111,111111,111113,111134,111345,123456] | (6,2808)
TYZ R YrL [111111,111112,111112,111124,111245,123456] | (6,2810)
xt ~ 2P [111111,111112,111123,111123,112235,123456] | (6,2814)
rylr ~ x%y? [111111,111112,111223,112334,112334,123456] | (6,5269)

(B)
TYZ N Yrz
LE4 ~ ac5
z2y? ~ xy’x

22yzaz ~ zyzlax
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1d Basis Proposal Min.Lex GAP
PB(6,083] (A) [111111,111111,111113,111211,113151,111116] | (6,5547)
22y ~ 23y [111111,111111,111113,111213,113351,111116] | (6,5557)
TYT A yxy [111111,111112,123331,123331,123341,111116] | (6,9631)
zy? ~ zy’ [111111,111222,123111,111444,111444,111445] | (6,9631)
z2y? ~ xyx
PB[6,084] (A) [111111,111111,111113,111211,113153,111116] | (6,5548)
22y =~ 23y [111111,111111,111113,111213,113353,111116] | (6,5558)
YT ~ Yy [111111,111112,123332,123332,123342,111116] | (6,9632)
zy? ~ xyd [111111,111222,123222,111444,111444,111445] | (6,9632)
(B)
z?y & 2Py
TYT A Yxy
zyr ~ xlyx
zy? ~ xy’
PB[6,085] (A) [111111,111111,111113,111211,113155,113156] | (6,5549)
22y =~ 23y [111111,111111,111113,111213,113355,113356] | (6,5559)
Ty ~ yr’ [111111,111112,123333,123333,123343,123336] | (6,9618)
22yr ~ TyT [111111,111222,123333,123444,123444,123445] | (6,9656)
w2z~ 22y’
(B)
z?y & Py
Ty ~ yr?
zyr ~ xlyx
z2y? ~ xylx
PB[6,086] (A) [111111,111111,111113,111211,555555,111116] | (6,5550)
zy? ~ xy3 [111111,111111,111113,111211,555555,555556] | (6,5554)
TYZ X TZY [111111,111111,111113,111213,555555,111116] | (6,5560)
zyr ~ xy’e [111111,111111,111113,111213,555555,555556] | (6,5564)
(B) [111111,111111,111133,111211,111155,111166] | (6,5525)
TYZ X x2Y [111111,111111,111133,111233,111155,111166] | (6,5531)
xyz & Y’z [111111,111111,112111,111411,555555,555655] | (6,9544)
[111111,111111,112111,444444,444445,444446] | (6,9547)
[111111,111222,333333,111444,111444,111445] | (6,9633)
[111111,111222,333333,333444,333444,333445] | (6,9662)
[111111,112222,113333,113333,113343,116666] | (6,9619)
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PB[6,087] (A) [111111,111111,111113,111211,555555,111156] | (6,5551)
22y ~ zyx [111111,111111,111113,111213,555555,111156] | (6,5561)
Tyz ~ xyz> [111111,111111,112111,111455,555555,555655] | (6,9545)
(B) [111111,111222,333333,113444,113444,113445] | (6,9638)

:czy ~ TYyr

TYZ R a:y2z
PBI[6,088] (A) [111111,111111,111113,111211,555555,113116] | (6,5552)
xy? ~ zyd [111111,111111,111113,111213,555555,113316] | (6,5562)
TYz A x2Y [111111,111111,111133,111211,113155,113166] | (6,5570)
Ty ~ Tyx’ [111111,111111,111133,111233,113355,113366] | (6,5572)
(B) [111111,111111,112111,444444,444445,444456] | (6,9548)
22y ~ 13y [111111,111222,333333,121444,121444,121445] | (6,9653)
zy? ~ zyd [111111,112222,123333,123333,123343,126666] | (6,9647)

TYz = T2Y
PBJ[6,089) (A) [111111,111111,111113,111211,555555,113156] | (6,5553)
22y ~ zyx [111111,111111,111113,111213,555555,113356] | (6,5563)
zy? ~ zy® [111111,111111,112111,111456,555555,555655] | (6,9546)
Ty ~ Tyx’ [111111,111222,333333,123444,123444,123445] | (6,9657)

(B)

ny ~ TYyr

x2y ~ x?’y

xy2 ~ $y3
PB[6,090] (A) [111111,111111,111113,111314,555555,123416] | (6,5613)
3~ zt [111111,111111,111133,111344,123455,123466] | (6,5659)
ryrz =~ Yz [111111,111112,111112,111214,555555,123416] | (6,5621)
ryr ~ x2y? [111111,111112,112123,444444,112123,123156] | (6,9450)
TYZT X T2YT [111111,111122,111122,111244,123455,123466] | (6,5668)
(B) [111111,111122,112233,112233,123455,123466] | (6,9466)

[L‘S ~ .T4

z2yr ~ x3yx

z2y? ~ xy’x

TYza = xZYa
w2yzy ~ xy’za
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1d Basis Proposal Min.Lex GAP
PB[6,091] | (Known basis) | [111111,111111,111113,111314,555555,123456] | (6,5614)
Lee and Zhang | [111111,111111,123456,444444,445444,446445] | (6,9582)
[4, Proposition 11.1] | [111111,111112,111112,111214,555555,123456] | (6,5622)
[111111,111112,112123,444444,112123,123456] | (6,9451)
Note: Lee and Zhang [4]
PB[6,002] (A) [111111,111111,111114,444444,121151,666666] | (6,7541)
22 ~ g3 [111111,111111,111114,444444,122151,666666] | (6,7542)
ryz ~ ry? [111111,111111,123111,444444,444441,666666] | (6,10417)
TYTZ = TYZ [111111,111111,123111,444444,444666,666666] | (6,10646)
(B) [111111,111111,123112,444444,555555,444414] | (6,10418)
22~ 2® [111111,111111,123112,444444,555555,444555] | (6,10647)
ryz ~ Ty’ [111111,111111,123113,444444,555555,123143] | (6,10244)
Tyz N Ty [111111,111111,123333,123335,125555,126666] | (6,10298)
2?yze ~ 2’ zyx
PB|6,093] (A) [111111,111111,111122,123434,111122,123434] | (6,5441)
22y ~ 23y
zyr ~ xlyx
212 =~ 12y
ryr? ~ ryxy
PB[6,094] (A) [111111,111111,111123,123434,111123,123456] | (6,5595)
22y ~ 23y
22yx ~ ryx?
ryry ~ yr’y
(B)
22y ~ 23y

r2yr ~ ryx?
ryrz ~ yr’z
z2y’x ~ x?y3
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[111111,111111,111123,123444,123444,123456] | (6,6183)

Id
PB[6,095] (A)
.’,U2 ~ $3

zyr ~ rlyx

z2y% ~ zyzy

xy’z & yxyz
(8)

2~ 23

Tyz ~ iy

22y? ~ xya

Tyxrz ~ yrlz

PB[6,096] [111111,111111,111123,444444,111123,123156]
2 3 [111111,111111,111233,111233,123455,123466]

(6,5596)
(6,5603)

TYZT R TZYT
(B)

2y ~ 23y
TYza 2 T2YQ
w242z ~ x2yB
(Known basis) [111111,111111,111123,444444,111123,123456]
Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 12.1]
(A) [111111,111111,111124,112124,111124,125456]
2y ~ 13y

(6,5597)

PB[6,097]
(6,2708)

PB[6,098]

ryzy ~ ya’y
TYZT R TZYT
[111111,111111,111133,111144,121155,121355] | (6,2979)

PB[6,099] (A)
2 3

T =T

Tyz A~ Ty
w2yx ~ x2y?
zryzy ~ 2y
(B)
2
Tyx ~ vy
22y ~ yzly
ryza ~ ryzla

3
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1d Basis Proposal Min.Lex GAP
PB[6,100] (A) [111111,111111,111133,111144,121456,121465] | (6,3001)
22~ gt [111111,111111,111133,111144,123356,123365] | (6,3003)
Ty ~ r3yT [111111,111122,111122,111144,123156,123165] | (6,3003)
zyrz ~ rlyz [111111,111122,111122,111144,123256,123265] | (6,3037)
zylr ~ x2y? [111116,111116,111136,111146,121456,666661] | (6,1247)
TYLT R T2YT [111116,111116,111136,111146,123356,666661] | (6,1248)
ryr ~ y2a? [111116,111126,111126,111146,123156,666661] | (6,1248)
(B) [111116,111126,111126,111146,123256,666661] | (6,1256)
22~ gt [111155,111155,111355,121456,555511,555611] | (6,1289)
Ty ~ YT [111155,111155,111355,123455,555511,555611] | (6,1290)
Tyza ~ r2ya [111155,111255,111255,123455,555511,555611] | (6,1297)
2?yza® =~ azazayaz | [111155,111255,111355,113456,555511,555511] | (6,1290)
[111155,111255,111355,122456,555511,555511] | (6,1297)
[111444,111444,123446,444111,445111,446111] | (6,1333)
[111444,111444,123455,444111,445111,446111] | (6,1334)
[111444,112444,113456,444111,444111,446111] | (6,1333)
[111444,112444,113456,444111,445111,445111] | (6,1334)
[111444,112444,123446,444111,445111,444111] | (6,1342)
[113333,123356,331111,341111,331111,361111] | (6,1387)
[113333,123356,331111,341111,351111,351111] | (6,1388)
[113333,123446,331111,341111,351111,331111] | (6,1388)
[113333,123446,331111,341111,351111,341111] | (6,1395)
PBI6,101] (A) [111111,111111,111133,111144,123456,124365] | (6,3006)
22~ ot [111111,111111,111134,111143,123456,123465] | (6,3008)
Ty ~ T3y [111111,111123,111132,111123,123456,123465] | (6,3040)

rylr ~ x%y?

xy’z ~ ylaz
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Id Basis Proposal Min.Lex GAP

PB[6,102] (A) [111111,111111,111133,111211,111155,113156] | (6,5549)
2%y ~ zyx [111111,111111,111133,111233,111155,113356] | (6,5559)
zy? ~ xy’ [111111,112222,113333,113333,113343,123336] | (6,9618)
Ty ~ Ty’ [111111,112222,113333,123444,123444,123445] | (6,9656)

ryle ~ y?a?
(B)
22y ~ xyz
2y =~ x3y
xy? ~ xy’

$2y2 ~ yl’zy

111111,111111,111133,111211,111156,111156
111111,111111,111133,111233,111156,111156
111111,112222,113336,113336,113346,113336
22y ~ 2%y 111116,111116,111136,111216,111156,111116

PB[6,103] (A) [ I (
[ 1«
[ I«
[ I«
wyrz ~ 22yz [111116,111116,111136,111236,111156,111116] | (6,5528
[ I«
[ I«
[ I

2y &~ yzy
zy? ~ zy’

(B) 111116,112226,113336,113336,113346,111116
22y ~ yay 111444,111444,112444,111444,111445,111446
zyz ~ 1Y’z 111444,111444,112445,111444,111445,111446

22yz ~ ryrz

PB[6,104] (A) [111111,111111,111133,111211,111156,111165] | (6,5380)
zy? ~ zyt [111111,111111,111133,111233,111156,111165] | (6,5382)
Tyz ~ T2y [111111,112222,113336,113336,113346,116663] | (6,5498)
zyz ~ y3a? [111111,112222,113355,113355,115533,115534] | (6,5509)

[111116,111116,111136,111216,111156,666661] | (6,2847)
[111116,111116,111136,111236,111156,666661] | (6,2848)
[111116,112226,113336,113336,113346,666661] | (6,5872)
[111155,111155,111355,111455,555511,555512] | (6,2869)
[111155,111155,112155,111455,555511,555611] | (6,2878)
[111155,122255,122255,122355,555511,566611] | (6,5879)
[111444,111444,113444,444111,444121,446111] | (6,2885)
[111444,111444,113444,444111,445111,445112] | (6,2886)
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Id Basis Proposal Min.Lex GAP

PB[6,105] (A) 111111,111111,111133,111211,113156,113156
111111,111111,111133,111233,113356,113356
TYZ = Yrz 111111,112222,123336,123336,123346,123336

[ 1« )

vy ~ 2’y [ I« )
[ 1« )

w2y ~ wyx [111116,111116,111136,111216,113156,111116] | (6,5552)
[ 1« )

[ I« )

[ I« )

(B) 111116,111116,111136,111236,113356,111116] | (6,5562
22y ~ 23y 111116,112226,123336,123336,123346,111116] | (6,9653
Tyz ~ 22yx 111444,111444,112444,111444,111445,111456] | (6,9548
TYZ R YTz
PBI6,106] (A) [111111,111111,111133,111211,113156,113165] | (6,5422)
Ty ~ Yy [111111,111111,111133,111233,113356,113365] | (6,5425)
2y ~ 22y [111111,112222,123336,123336,123346,126663] | (6,5499)
(B) [111111,112222,123355,123355,125533,125534] | (6,5510)
Ty ~ Yy [111116,111116,111136,111216,113156,666661] | (6,2850)
22y ~ xly [111116,111116,111136,111236,113356,666661] | (6,2851)
[111116,112226,123336,123336,123346,666661] | (6,5873)
[111155,111155,111355,113455,555511,555512] | (6,2870)
[111155,111155,112155,111456,555511,555611] | (6,2879)
[111155,122256,122256,122356,555511,566611] | (6,5880)
[111444,111444,113446,444111,444121,446111] | (6,2888)
[111444,111444,113455,444111,445111,445112] | (6,2889)
PB(6,107] (A) [111111,111111,111133,111213,111155,111166] | (6,5526)
22y ~ zyx

TyYz ~ Ty>
22yz ~ 2’2y
(B)
22y ~ zyz

xyz &~ Y’z

22yz ~ 2y
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1d Basis Proposal Min.Lex GAP
PB[6,108] (A) [111111,111111,111133,111344,123456,123465] | (6,5453)
%~ 2P [111111,111122,111122,111244,123456,123465] | (6,5457)
TYZ A YTy [111111,111122,112233,112233,123456,123465] | (6,9383)
ryle ~ 2%y? [111116,111116,111136,111346,123456,666661] | (6,2856)
(B) [111116,111126,111126,111246,123456,666661] | (6,2858)
23~ b [111116,111126,112236,112236,123456,666661] | (6,5305)
TYZ R YTz [111155,111155,111355,123456,555511,555613] | (6,2872)
z2y? ~ xylx [111155,111255,111255,123456,555511,555612] | (6,2874)
2?yzay ~ vy*zaxr | [111155,111255,112355,123456,555511,555511] | (6,2881)
r?yzaz ~ xyzlax | [111444,112444,123456,444111,444111,446112] | (6,2894)
[111444,112444,123456,444111,445122,445122] | (6,5319)
PB[6,109] (A) [111111,111111,111133,444444,111155,123156] | (6,7628)
22~ a3 [111111,111111,111133,444444,121155,123156] | (6,7653)
ryr ~ r2yx [111111,111111,111333,111444,111555,123446] | (6,7682)
Tyrz & rlyz [111111,111111,111333,111444,123455,123466] | (6,7688)
zylr ~ x%y? [111111,111111,111333,121444,121555,123446] | (6,7715)
ry22y ~ xz2y? [111111,111111,111333,121444,123455,123466] | (6,7718)
(B) [111111,111122,111122,444444,111155,123156] | (6,8332)
22~ a3 [111111,111222,111222,111444,111555,123446] | (6,8029)
zyr ~ xlyx [111111,111222,111222,111444,123455,123466] | (6,8415)
22y ~ zy’x [111111,111222,333333,111444,111444,121456] | (6,11425)
22yz ~ ryrz [111111,112222,113333,113333,115555,123436] | (6,10934)
xy’2? ~ w2’z [111111,112222,113333,113333,123455,123466] | (6,11222)
PB[6,110] (A) [111111,111111,111133,444444,121156,121156] | (6,7655)
22~ 23 [111111,111111,123116,444444,445445.123116] | (6,10616)
ryr ~ xlyx [111116,111116,111336,121446,121556,111116] | (6,7655)
ryr ~ xy’x [111155,112255,113356,114456,111155,111155] | (6,10616)

ryrz ~ xlyz
TYZT = TZYT
(B)
22~ 3
~ 2
TYT X TYx
ryz &~ Y’z
22yz ~ ryrz

TY2Y ~ r2Y>
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PBI[6,111] (A) [111111,111111,111133,444444,121156,121165] | (6,6222)
22~ 2t [111111,111111,123116,444444,445445,126113] | (6,9873)
ryx ~ YT [111116,111116,111336,121446,121556,666661] | (6,4058)
Ty ~ 2y’T [111155,111155,123355,124455,555511,556611] | (6,4162)
Ty ~ 1Yz [111155,112255,113356,114456,555511,555511] | (6,4164)
ry’r ~ x%y? [111444,122446,133446,444111,455111,444111] | (6,4270)
TYZL X TZYT
(B)
22~ gt
TYr =~ x2y3
TYz = :L‘y3z
TYZY ~ :L‘zy2
PBI[6,112] (A) [111111,111111,111133,444444,121456,121456] | (6,7659)
22~ 2d [111111,111111,123446,444444,445445,123446] | (6,10620)
YT ~ x2y:v
YT ~ my%
TYTZ ~ nyz
(B)
22~ a3
YT ~ :L‘anc
TYZ = :L‘y2z
:E2yz ~ ryrz
PB[6,113] (A) [111111,111111,111133,444444,121456,121465] | (6,6225)
22~ gt [111111,111111,123446,444444,445445,126443] | (6,9878)

ryr ~ iy
ryr ~ xyix
ryrz ~ xlyz
rylr ~ x%y?
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1d Basis Proposal Min.Lex GAP
PB[6,114] (A) [111111,111111,111133,444444,123156,123165] | (6,6234)
2%~ ! [111111,111122,111122,444444,123156,123165] | (6,6502)
zyr ~ iy [111116,111116,111336,123446,123556,666661] | (6,4061)
ryrz ~ rlyz [111116,111226,111226,123446,123556,666661] | (6,4096)
zylr ~ 2%y? [111155,111155,123356,124456,555511,556611] | (6,4166)
TYZL R TZYX [111155,112255,123356,124456,555511,555511] | (6,4205)
(B) [111444,122456,133456,444111,444111,466111] | (6,4273)
z? ~ 2t [111444,122456,133456,444111,455111,455111] | (6,4302)
ryr ~ 23y
z2y? ~ xy’x
TYza X r2YQ
PB[6,115] (A) [111111,111111,111133,444444,123456,123465] | (6,6239)
22~ [111111,111111,123456,124356,555555,556655] | (6,9880)
zyr ~ iy [111111,111122,111122,444444,123456,123465] | (6,6506)
xyrz ~ xlyz
zylr ~ x%y?
(B)
22~ 2t
ryr ~ iy
22y? =~ zyla
r2yz ~ zyrz
PB[6,116] (A) [111111,111111,111134,444444,121156,666666] | (6,7675)
2%~ s [111111,111111,123116,444444,445441,666666] | (6,10425)
YT ~ ryr’ [111111,111111,123444,444444,445666,666666] | (6,10644)
w2yr ~ x%y? [111111,111111,123444,444444,555555,556444] | (6,10642)
2’z ~ xyz
(B)
22~ 3
TYT N TYTY
Yz ~ Y’z
PB[6,117] (A) [111111,111111,111134,444444,123456,666666] | (6,7676)
22~ 2? [111111,111111,123456,444444,445441,666666] | (6,10426)
YT ~ YT’ [111111,111111,123456,444444,445666,666666] | (6,10643)
Tyry ~ ry’T [111111,111123,333333,111123,123456,666666] | (6,8500)

22yrz ~ 2?yz
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1d Basis Proposal Min.Lex GAP
PB[6,118] (A) [111111,111111,111233,111233,123456,123456] | (6,5604)
22y ~ 23y [111116,111116,111236,111236,123456,111116] | (6,5640)
TYZ A YTy [111444,111444,112445,111444,112445,123456] | (6,9589)
PB[6,119] (A) [111111,111111,111233,111233,123456,123465] | (6,5449)
22y ~ 'ty [111116,111116,111236,111236,123456,666661] | (6,2854)
TYZ R YTz [111444,111444,123456,444111,445112,445112] | (6,2892)
(B)
:UQy ~ x4y
TYz N YTz
x2y2a: ~ x3y4

PB[6,120] (A) [111111,111111,111333,111444,123456,123465] | (6,6282)
2~ 1t [111111,111111,111333,111446,123456,111664] | (6,6246)
zyr ~ iy [111111,111111,111333,121444,123456,123465] | (6,6284)
Tyrz & rlyz [111111,111111,111333,121446,123456,121664] | (6,6269)
zylr ~ 2%y? [111111,111222,111222,111444,123456,123465] | (6,6524)
zylr ~ y?a? [111111,111222,111222,111446,123456,111664] | (6,6385)
(B) [111111,112222,113333,113333,123456,123465] | (6,9915)
22 ~ 2t [111111,112222,113336,113336,123456,116663] | (6,6858)
zyr ~ 23y [111111,112222,113355,123456,115533,115533] | (6,7001)
z2y? ~ xy’x [111116,111116,111336,111446,123456,666661] | (6,4053)
z2y? ~ yay [111116,111116,111336,121446,123456,666661] | (6,4059)
v2yz ~ ryrz [111116,111226,111226,111446,123456,666661] | (6,4079)
[111116,112226,113336,113336,123456,666661] | (6,6806)
[111155,111155,113355,123456,555511,556611] | (6,4157)
[111155,111155,123355,123456,555511,556611] | (6,4163)
[111155,112255,113355,123456,555511,555511] | (6,4189)
[111155,112255,113356,123456,555511,555511] | (6,4198)
[111155,122255,122255,123456,555511,566611] | (6,6950)
[111444,122444,123456,444111,444111,466111] | (6,4265)
[111444,122444,123456,444111,455111,455111] | (6,4288)
[111444,122446,123456,444111,455111,444111) | (6,4271)
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1d Basis Proposal Min.Lex GAP

PB[6,121] (A) [111111,111111,111333,121456,121564,121645] | (6,9095)
2%~ b [111156,111156,111356,121456,555561,666615] | (6,9105)
ryz ~ ytz? [111446,111446,123446,444661,445661,666114] | (6,14976)
ryrz & rlyz [111446,112446,113456,444661,444661,666114] | (6,14976)
zylr ~ 2%y? [113336,123356,336661,346661,336661,661113] | (6,15941)
[113355,123356,335511,345511,551133,551133] | (6,15951)
PB[6,122] (A) [111111,111111,111333,123456,123564,123645] | (6,9096)
22 ~ b [111111,111222,111222,123456,123564,123645] | (6,9098)
TYZ R YTz [111156,111156,111356,123456,555561,666615] | (6,9106)
ryle ~ x%y? [111156,111256,111256,123456,555561,666615] | (6,9108)
[111446,111446,123456,444661,445661,666114] | (6,14978)
[111446,112446,123456,444661,444661,666114] | (6,14980)
[113336,123456,336661,336661,356661,661113] | (6,15942)
[113336,123456,336661,346661,346661,661113] | (6,15944)
[113355,123456,335511,335511,551133,561133] | (6,15952)
PBI[6,123] (A) [111111,111111,112111,111416,555555,111416] | (6,9677)
TYTZ N TYZ [111111,111111,112111,444444,444456,444456] | (6,9696)
TYZY A T2Y [111111,121226,333333,121226,121246,121226] | (6,9776)
[111116,111116,112116,111446,111556,111116] | (6,9677)
[111116,122226,122226,122326,155556,111116] | (6,9776)
[111444,111444,112444,111444,111455,111466] | (6,9696)
PB[6,124] (A) [111111,111111,112111,111416,555555,111614] | (6,9531)
zy? ~ 23y? [111111,111111,112111,444444,444456,444465] | (6,9551)
TYZ R T2y [111111,121226,333333,121226,121246,161662] | (6,5744)
zyr ~ xyix [111111,121255,333333,121255,151522,151524] | (6,5758)
(B) [111116,111116,112116,111446,111556,666661] | (6,5736)
TYZ R T2Y [111116,122226,122226,122326,155556,666661] | (6,9649)
xyz ~ Yz [111155,111155,113355,114455,555511,555512] | (6,5750)
PBI[6,125] (A) [111111,111111,112111,111456,111456,666666] | (6,9689)
2y ~ xy? [111111,122256,122256,122356,122256,666666] | (6,9777)

TYTZ ~ TYZ

(B)
xzy ~ a:y2

TYz =~ TYTZ
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1d Basis Proposal Min.Lex GAP

PB[6,126] (A) [111111,111111,112111,111456,111546,666666] | (6,9534)
22y ~ zyx [111111,122256,122256,122356,155526,666666] | (6,5746)
Tyz ~ 23Yyz [111111,122446,122446,144226,144236,666666] | (6,5760)
PB[6,127] (A) [111111,111111,112111,111456,111564,111645] | (6,9800)
Ty N yx [111111,122256,122256,122356,155562,166625] | (6,9804)
2® ~ b [111111,123355,135522,135522,152233,152234] | (6,15954)
ryt ~ 2ty [111156,111156,112156,111456,555561,666615] | (6,9802)
(B) [111156,122256,122256,122356,555561,666615] | (6,9805)
Ty N yx [113355,123355,335511,335511,551133,551134] | (6,15955)

TYZz x4yz
PB[6,128] (A) [111111,111111,112111,111456,555555,555614] | (6,9535)
22y ~ 'ty [111111,122256,122256,122356,555555,566612] | (6,5747)
ryr ~ T3y [111111,122446,122446,644221,644231,666666] | (6,5761)

:py2 ~ 9:3y2

xyx2 ~ J:3y

(B)

:z:2y ~ ny:CQ

TYZ R x3yz
PB[6,129] (A) [111111,111111,112114,444444,111151,666666] | (6,9699)
22y ~ iy [111111,111111,112114,444444,444454,666666] | (6,9700)
Ty ~ 1Y’ [111111,111111,112144,444444,555555,555556] | (6,9702)
zy? ~ xy° [111111,121122,333333,444444,121122,121325] | (6,9787)
22y ~ x?y [111111,122222,122222,122325,155555,166666] | (6,9753)
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PB[6,130] (A) [111111,111111,113136,444444,113456,113166] | (6,12178
xy ~ 2y [111111,111111,113356,113456,113556,666666] | (6,12315

xy ~ ry> [111111,111111,113456,444444,445456,446456] | (6,12351
TYTZL R TYZT [111111,121226,333333,121226,123256,121266] | (6,14203
(B) [111111,121226,333333,123446,123446,121666] | (6,14594
xy &~ 2y [111111,122256,122256,122456,122556,666666] | (6,14204
2y ~ ry? [111111,122256,123356,123356,125556,666666] | (6,14604
TYTZ X TYZXZ [111116,111116,113336,113456,115556,111616] | (6,12178
[111116,111116,113336,113456,115556,116666] | (6,12315
[111116,122226,122226,122456,155556,111616] | (6,14203
[111116,122226,122226,122456,155556,166666] | (6,14204
[111116,122226,123356,123356,155556,116616] | (6,14594
[111116,122226,123356,123356,155556,166666] | (6,14604
[111155,111155,113456,444466,115155,446466] | (6,14052
[111155,122255,123455,144455,115155,115155] | (6,12351
[111155,122456,122456,444466,155155,466466] | (6,14607

PB[6,131] (A) 111111,111111,113136,444444,123456,113166] | (6,12185
xy ~ 2y 111111,111111,113356,123456,113556,666666] | (6,12324

zyz? ~ ryx
TYTZT R TYZT
(B)
xy ~ 2y
ryr ~ ryr’
TYZX R TYTZT

[ ]
[ ]
[111111,111111,123136,444444,123456,123166]
[111111,111111,123356,123456,123556,666666]
[111111,111111,123456,444444,445456,446456]
[111111,121226,333333,121226,123456,121266]
[111111,122256,122256,123456,122556,666666]
[111116,111116,113336,114446,123456,111166]
[111116,111116,113336,114446,123456,116666]
[111116,111116,123336,123456,125556,111616]
[111116,111116,123336,123456,125556,116666]
[111116,122226,122226,123456,155556,111616]
[111116,122226,122226,123456,155556,166666]
[111155,111155,123456,444466,115155,446466]
[111155,122255,123456,144455,115155,115155]
[111155,122256,123456,144456,115155,115155]
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1d Basis Proposal Min.Lex GAP
PB[6,132] | (Known basis) | [111111,111111,113156,121411,555555,556513] | (6,10203)
Lee and Zhang [111111,111111,113333,114444,123456,124365] | (6,10409)
[4, Proposition 13.1] | [111111,111111,113356,123456,555555,556613] | (6,10218)
[111111,111111,123333,123456,125555,125634] | (6,10410)
[111111,111111,123456,124365,555555,666666] | (6,10411)
[111111,111111,123456,444444,444444,456123] | (6,9882)
[111111,122256,122256,123456,555555,566612] | (6,8921)
[111111,122446,123456,644221,644221,666666] | (6,9062)
Note: Lee and Zhang [4]
PB[6,133] (Known basis) [111111,111111,113156,444444,113656,666666] | (6,12198)
Lee and Zhang [111111,111111,333333,333456,555555,553456] | (6,12526)
[4, Proposition 14.4] | [111111,121256,333333,121256,126256,666666] | (6,14467)
Note: Lee and Zhang [4]
PB[6,134] (A) [111111,111111,113156,444444,115163,116135] | (6,14901)
zy ~ zhy [111111,111111,333333,333456,333564,333645] | (6,14911)
TYZ N xT2Y [111111,121256,333333,121256,151562,161625] | (6,14954)
(B) [111111,121446,333333,141662,141662,161224] | (6,15915)
2y ~ zhy [111156,111156,113356,114456,555561,666615] | (6,14930)
TYZ R TRY [111156,122256,122256,144456,555561,666615] | (6,14949)
[111446,122446,133446,444661,444661,666114] | (6,15930)
PB[6,135] (A) [111111,111111,113456,114365,115643,116534] | (6,9403)
zy ~ P [111111,122456,122456,144265,155642,166524] | (6,5327)
(B) [111111,123356,132265,132265,156632,165523] | (6,5331)
TY R YT [111111,123356,135562,135562,156623,162235] | (6,9338)
zy ~ 2’y [111456,111456,113456,444165,555641,666514] | (6,5324)
[111456,122456,122456,444165,555641,666514] | (6,9400)
[113356,123356,331165,331165,556631,665513] | (6,5328)
[113356,123356,335561,335561,556613,661135] | (6,9335)
PB[6,136] (A) [111111,111111,113456,114536,115346,666666] | (6,14906)
zy ~ oy [111111,122456,122456,144526,155246,666666] | (6,14958)
22y ~ ryz [111111,123356,135526,135526,152236,666666] | (6,15920)
(B)
ry ~ iyz
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1d Basis Proposal Min.Lex GAP
PB[6,137] (Known basis) [111111,111111,123156,444444,123656,666666] | (6,12399)
Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 14.1]

PB[6,138] (A) [111111,111111,123156,444444,125163,126135] | (6,14907)
xy ~ xly [111156,111156,123356,124456,555561,666615] | (6,14933)
rylr ~ x%y? [111446,122456,133456,444661,444661,666114] | (6,15933)

TYZT R TZYT
PB[6,139] (A) [111111,111111,123356,123356,123356,123556] | (6,10348)
xy ~ 2y [111156,111156,111156,113456,111156,151156] | (6,8218)
TYZY R Yxzy [111156,111156,111156,122456,111156,115156] | (6,8225)
(B) [111156,111156,123356,123356,111156,111556] | (6,11285)
xy ~ Ty [111446,111446,111446,111446,113456,141446] | (6,8224)
2yt ~ Yz’ [111446,111446,111446,111446,122456,114446] | (6,8229)
[111446,111446,111446,116446,126456,111446] | (6,8236)
[111446,111446,113456,111446,111446,141446] | (6,10985)
[111446,111446,113456,161446,161446,111446] | (6,11117)
[111446,111446,123446,111446,111446,111416] | (6,10979)
[111446,111446,123446,111466,111466,111466] | (6,11127)
[111446,122456,122456,111446,111446,114446] | (6,11397)
[111446,122456,122456,116446,116446,111446] | (6,11405)
[113336,113336,113366,123466,113366,113366] | (6,11120)
[113336,123356,113636,113636,113636,113636] | (6,10977)
[113336,123446,113366,113366,113366,113366] | (6,10978)
PB[6,140] (A) [111111,111111,123456,124365,125643,126534] | (6,9404)
2y &~ Oy [111456,111456,123456,444165,555641,666514] | (6,5325)
Ty ~ yr? [113356,123456,331165,331165,556631,665513] | (6,5329)
ryr ~ x2y? [113356,123456,335561,335561,556613,661135] | (6,9336)
PB[6,141] (A) [111111,111111,123456,124536,125346,666666] | (6,14910)

xy ~ xly

zylr ~ x2y?
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1d Basis Proposal Min.Lex GAP
PBI[6,142] (A) [111111,111112,111112,111234,111234,123456] | (6,5352)
:US ~ ﬂ04
TYZ N Y2
2237 ~ 233
(B)
.563 ~ 1’4
TYz N YTz
233 ~ ayBx
PBI[6,143] (A) [111111,111112,111113,111114,111211,113116] | (6,1041)
22 ~ 28 [111111,111112,111113,111114,111211,113316] | (6,1045)
22y ~ zyz [111111,111112,111113,111114,111212,113116] | (6,1043)
22yz ~ 2?2y [111111,111112,111113,111114,111212,113316] | (6,1046)
xy’r ~ 22’ [111111,111112,111113,111114,111213,113136] | (6,1100)
(B) [111111,111112,111113,111114,111213,113336] | (6,1102)
22 ~ 23 [111111,111112,111113,111121,112115,113116] | (6,1062)
22y ~ zyT [111111,111112,111113,111122,112115,113116] | (6,1063)
x2y? ~ yaly [111111,111112,111113,111123,112215,113316] | (6,1134)
TYza X TYaz
PBI[6,144] (A) [111111,111112,111113,111114,111215,121456] | (6,1118)
2%~ 23 [111111,111112,111113,111114,111215,122456] | (6,1170)
22y ~ zyz [111111,111112,111113,111114,112215,123356] | (6,1193)
ry2? =~ 2’y [111111,111112,111113,112114,112115,123446] | (6,1176)
nyx ~ y2CE2
(B)
22~ 23
a:2y ~ TYx
x2y2 ~ ywzy
xy2z ~ mzyQ
PBI[6,145] (A) [111111,111112,111113,111114,111224,113116] | (6,2676)
ryx ~ 23y [111111,111112,111113,111114,111224,113336] | (6,2680)
xy? ~ a1’ [111111,111112,111113,112114,112224,113116] | (6,2702)
(B)
YT ~ 373y
acy2 ~ xy3
TYyrYy ~ nyy

TYZQ R TYQZ
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PB[6,146] (A) [111111,111112,111113,111114,111225,121456] | (6,2742)
3~ zt [111111,111112,111113,111114,111225,122456] | (6,2754)
22y ~ zyx [111111,111112,111113,111114,112225,123356] | (6,2764)
xyz? ~ 2y [111111,111112,111113,111124,111125,121456] | (6,2741)
ryle ~ y?a? [111111,111112,111113,111124,111125,122456] | (6,2753)
(B) [111111,111112,111113,111214,111225,121456] | (6,5211)
z3 ~ at [111111,111112,111113,111214,111225,122456] | (6,5222)
22y ~ zyx [111111,111112,111113,112224,112225,123446] | (6,5248)
22y ~ yaly [111111,111112,111123,111124,111125,123356] | (6,2760)
1’z ~ xrzy? [111111,111112,111223,111224,111225,123446] | (6,5247)
r?yz2a ~ zyzazz | [111111,111112,112113,112224,112225,123446] | (6,9307)
[111111,111112,112123,112224,112125,123436] | (6,9306)
PBI[6,147] (A) [111111,111112,111113,111121,112125,113136] | (6,2636)
22y ~ zyx [111111,111112,111113,111122,112125,113136] | (6,2637)
ry? ~ xy? [111111,111112,111113,111123,112225,113336] | (6,2705)
:v2yz ~ xzzy

PB[6,148] (A) [111111,111112,111113,111124,111245,121456] | (6,2808
TYZ R T2Y [111111,111112,111113,111124,111245,122456] | (6,2810
zt ~ 2b [111111,111112,111123,111124,112235,123356] | (6,2814
ryle ~ y?a? [111111,111112,111223,112334,112335,123446] | (6,5269
PB[6,149] (A) [111111,111112,111113,111124,112245,123456] | (6,2812
22y ~ zyx [111111,111112,111123,111124,111245,123456] | (6,2812
xy? = yry [111111,111112,111123,111214,112235,123456] | (6,5358
xt ~ b [111111,111112,111123,111224,112135,123456] | (6,5358

PB[6,150] (Known basis) 111111,111112,111113,111214,112111,121456

Lee and Zhang
[4, Proposition 15.1]

[ ]
[111111,111112,111113,111214,112111,122456]
[111111,111112,111113,111214,112112,121456]
[111111,111112,111113,111214,112112,122456]
[111111,111112,111113,111224,112224,121456]
[111111,111112,111113,111224,112224,122456]
[111111,111112,111121,111224,111225,123446]
[111111,111112,111122,111224,111225,123446]
[111111,111112,112125,112224,112225,123556]
Note: Lee and Zhang [4]
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PB[6,151] (Known basis) [111111,111112,111113,111214,113151,121416] | (6,5625)
Lee and Zhang [111111,111112,111131,111214,111151,123416] | (6,5625)
[4, Proposition 12.8] Note: Lee and Zhang [4]
PB[6,152] (Known basis) [111111,111112,111113,111214,113153,121416] | (6,5626)
Lee and Zhang [111111,111112,111131,111214,111151,123436] | (6,5626)
[4, Proposition 12.4] Note: Lee and Zhang [4]
PB[6,153] (A) [111111,111112,111113,111214,113155,123456] | (6,5627)
ARSE [111111,111112,111113,111214,113355,123456] | (6,5628)
ryx ~ yr’ [111111,111112,111133,111344,123455,123456] | (6,5663)
ry’r ~ x%y? [111111,111112,123333,123334,123345,123456] | (6,9624)
(B) [111111,111122,111123,111244,123455,123456] | (6,5671)
23 ~ [111111,111122,112233,112234,123455,123456] | (6,9469)
Ty ~ yr?
22y? ~ zy’x
PB[6,154] (A) [111111,111112,111113,111224,111335,122446] | (6,5352)
i R
TYz = T2Y
rydr? ~ 323
(B)
x3 ~ ot
TYz = T2y
2393~ yady?
PB[6,155] (A) [111111,111112,111113,112111,121455,121456] | (6,3806)
22~ 23 [111111,111112,111113,112111,122455,122456] | (6,3809)
ryr ~ YT [111111,111112,111113,112112,121455,121456] | (6,3819)
ry’r ~ x%y? [111111,111112,111113,112112,122455,122456] | (6,3822)

zy’r ~ y?a?
a?yz? ~ aayz
(B)

2? ~ 23

~ 2
ryxr ~ 22y
2,2 ny 42
T7Y" = yry
w?yzy ~ 222y
Tyzarz X r2yzaze
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1d Basis Proposal Min.Lex GAP
PB[6,156] (A) [111111,111112,111113,112111,555555,111116] | (6,3810)
22~ 3 [111111,111112,111113,112111,555555,555556] | (6,3816)
22y ~ zyx [111111,111112,111113,112112,555555,111116] | (6,3823)
Tyz ~ Tyz’ [111111,111112,111113,112112,555555,555556] | (6,3829)
Tyzy ~ 22y [111111,111112,111121,444444,444445111116] | (6,6433)
(B) [111111,111112,111121,444444,444445 444446) | (6,6438)
22~ 28 [111111,111112,111122,444444,444445111116] | (6,6440)
22y ~ zyx [111111,111112,111122,444444,444445 444446] | (6,6445)
Yz ~ Tyz’ [111111,111113,111331,111441,111551,111661] | (6,3371)
Y’z ~ T2y [111111,111122,111133,112122,111155,111166] | (6,3377)
PBI[6,157] (A) [111111,111112,111113,112111,555555,111156] | (6,3811)
22~ 23 [111111,111112,111113,112112,555555,111156] | (6,3824)
22y ~ zyx [111111,111112,111121,444444,444445111446] | (6,6434)
Yz ~ ryz’ [111111,111112,111122,444444 444445 111446] | (6,6441)
(B)
.IQ ~ ac3
$2y R TYyr
Yz = gzyzQ
PBI[6,158] (A) [111111,111112,111113,112111,555555,121416] | (6,3812)
22~ 23 [111111,111112,111113,112111,555555,122416] | (6,3814)
Ty ~ r2yT [111111,111112,111113,112112,555555,121416] | (6,3825)
ryle ~ x%y? [111111,111112,111113,112112,555555,122416] | (6,3827)
2?y2? ~ 2?2z [111111,111112,111121,444444,444445,123116] | (6,6435)
ryrz? ~ x’yz? [111111,111112,111121,444444,444445,123126] | (6,6436)
(B) [111111,111112,111122,444444,444445,123116] | (6,6442)
2~ 23 [111111,111112,111122,444444,444445,123126] | (6,6443)
Ty ~ 2y [111111,111113,111331,123441,123551,111661] | (6,3938)
TYTZT R TZTYT [111111,111113,111331,123443,123553,111661] | (6,3941)
xy?2? ~ raytz [111111,111122,111133,112122,121455,121466] | (6,3942)
r?yzaz ~ xzyzaze | [111111,111122,111133,112122,122455,122466] | (6,3947)

TYZTAY N TZYAYT
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PB[6,159] (Known basis) [111111,111112,111113,112111,555555,121456] | (6,3813)
Lee and Zhang [111111,111112,111113,112111,555555,122456] | (6,3815)
[4, Proposition 16.1] | [111111,111112,111113,112112,555555,121456] | (6,3826)
[111111,111112,111113,112112,555555,122456] | (6,3828)
[111111,111112,111121,444444,444445,123446] | (6,6437)
[111111,111112,111122,444444,444445,123446] | (6,6444)
Note: Lee and Zhang [4]
PB[6,160] (A) [111111,111112,111113,112114,555555,123416] | (6,3839)
z? =~ 3 [111111,111122,111133,112144,123455,123466] | (6,3950)
%y ~ zyx
ryz? ~ 22’y
(B)
2?2 ~ a3
2%y ~ ryx
ry’z ~ w2y’
PB[6,161] (A) [111111,111112,111113,112115,112225,113336] | (6,2708)
xy? ~ zyd
r2yz ~ 2’2y
(8)
xy? ~ zyd
TYTZ N TZTY
TYZa X TYQZ
23y? ~ ya2y?
PB[6,162] (Known basis) [111111,111112,111113,112121,112123,121446] | (6,2778)
Lee and Zhang [111111,111112,111113,112122,112123,122446] | (6,2779)
[4, Proposition 17.1] Note: Lee and Zhang [4]
PB[6,163] | (Known basis) | [111111,111112,111113,112141,113151,121416] | (6,3841)
Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 18.1]
PB[6,164] | (Known basis) | [111111,111112,111113,112141,113151,122446] | (6,3842)

Lee and Zhang
[4, Proposition 19.1]

Note: Lee and Zhang [4]
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PB[6,165] (A) [111111,111112,111113,112142,113153,121416] | (6,3842)
LEZ ~ $3
zyr ~ rlyx
xy’x = yryx
TYTLZET R TZTYT
xy’zx ~ ryxzy
(B)
z? =~ 3
ryr ~ xlyx
zyry ~ yr’y
TYLZX R TZTYT
TYZTAY X TYZYAT
TYZTAY R TZYATY
PB[6,166] Inherently non- [111111,111112,111113,112142,113153,122446] | (6,3843)
finitely based Note: Lj
PB[6,167] (A) [111111,111112,111113,112213,555555,111116] | (6,5635)
2y ~ x> [111111,111112,111113,112213,555555,555556] | (6,5637)
ryr ~ 23y [111111,111122,111133,112233,111155,111166] | (6,5580)
xy? ~ xy’
22yz ~ x’z2y
(B)
Tyx ~ Y
TyYz ~ Tyz>
Y’z ~ T2y
PB[6,168] (A) [111111,111112,111113,112213,555555,111156] | (6,5636)
2y ~ x>
zyr ~ 23y
xy? ~ xy’
(B)
zyr ~ 23y

TyYz ~ TYL?

46
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1d Basis Proposal Min.Lex GAP
PB[6,169] (A) [111111,111112,111113,112214,555555,113316] | (6,5640)
ry? ~ xy° [111111,111112,112123,444444,444445 445456] | (6,9589)
TYZ A T2y [111111,111122,111133,112244,113355,113366] | (6,5604)
(B)

xy2 ~ xy3

TYz 2 T2Y
PB[6,170] (A) [111111,111112,111113,112214,555555,113356] | (6,5641)

x2y N TYyr

ny ~ a:y3

(B)

x2y ~ TYyr

ny ~ xy3
PB[6,171] (A) [111111,111112,111113,112214,555555,123416] | (6,5642)
PARSE [111111,111112,111123,444444,111125,123156] | (6,5648)
22y ~ zyx [111111,111112,112113,112214,555555,123416] | (6,9442)
ry2? ~ a2ty [111111,111122,111133,112244,123455,123466] | (6,5675)
[111111,111122,111233,111244,123455,123466] | (6,5676)
[111111,111122,112133,112244,123455,123466] | (6,9461)
PB[6,172] (A) [111111,111112,111113,113411,121155,121156] | (6,7943)
22~ 8 [111111,111112,111113,113444,123454,113446] | (6,7972)
YT A ryr’ [111111,111112,111113,122444,123454,122446] | (6,8020)
zylr ~ 2%y? [111111,111112,111131,113441,123451,111116] | (6,8116)
rylr ~ y?a? [111111,111112,111131,113444,123454,113446] | (6,8119)
TYTLZT A TYZT [111111,111112,111131,123414,111151,123416] | (6,8120)
ryr’ ~ 2y [111111,111112,111133,113411,121155,121156] | (6,8169)
[111111,111112,123333,123334,123453,123336] | (6,10897)
[111111,111112,123333,123343,123353,123436] | (6,10906)
PB[6,173] (A) [111111,111112,111113,113411,555555,121116] | (6,7946)
22~ 28 [111111,111112,111113,113441,113551,121116] | (6,7962)
ryr ~ xlyx [111111,111112,111131,444444,111151,123116] | (6,8131)
zylr ~ x%y? [111111,111112,111131,444444,123151,444446] | (6,8156)
TYZT X T2YT [111111,111112,111331,111441,111551,123116] | (6,7974)
[111111,111112,111331,123441,123551,111116] | (6,8249)
[111111,111112,123111,444444,444445,444456] | (6,11025)
[111111,111122,111133,113411,121155,121166] | (6,8252)
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PB[6,174] (A) [111111,111112,111113,113411,555555,121156] | (6,7947)
22~ 3 [111111,111112,111113,113451,555555,121116] | (6,7979)
ryr ~ v’y [111111,111112,111131,444444,111151,123416] | (6,8133)
TYTZT R TYZT [111111,111112,111131,444444,111451,123116] | (6,8139)
xylzr ~ yzy [111111,111112,111131,444444,123454,444446) | (6,8158)
(B) [111111,111112,113111,444444,445444,121456] | (6,11066)
22~ 2® [111111,111112,113451,444444,444445121116] | (6,11016)
Tyr ~ v’y [111111,111112,123111,444444,444445111456] | (6,11023)
TYZT N TYTZT [111111,111112,123451,444444,445444.111116] | (6,11085)
x2yzy ~ nyzx
PB[6,175] (A) [111111,111112,111113,113413,121155,121156] | (6,7950)
2~ 23 [111111,111112,111131,113441,123452,111116] | (6,8117)
Ty ~ Ty’ [111111,111112,111131,123434,111151,123436] | (6,8121)
ryry ~ ry’T [111111,111112,111133,113433,121155,121156] | (6,8172)
Ty’ ~ yryx [111111,111112,123333,123334,123454,123336] | (6,10898)
TYTZT R TYZT [111111,111112,123333,123343,123353,123446] | (6,10907)
TYZLZ R TLZYTZ
(B)
2%~ a3
YT ~ :L‘yan
TYTY ~ ajyzx
TYZX =~ TYTzT
TYZATZ N ZYTarz
PB[6,176] (A) 111111,111112,111113,113413,555555,121116] | (6,7953
x? ~ o 111111,111112,111113,113443,113553,121116] | (6,7966

ryr ~ xlyx

ryry ~ TY’T

TYZT R TZYT
ry22y ~ rzyzy

[ ]
[ ]
[111111,111112,111131,444444,111151,123136]
[111111,111112,111131,444444,123152,444446]
[111111,111112,111331,111441,111551,123336]
[111111,111112,111331,123442,123552,111116]
[111111,111112,123112,444444,444445,444456]
[111111,111122,111133,113433,121155,121166]

(6,8254)
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PB[6,177] (A) [111111,111112,111113,113413,555555,121156] | (6,7954)
2 ~ 23 [111111,111112,111113,113453,555555,121116] | (6,7984)
Ty ~ r2yz [111111,111112,111131,444444,111151,123436] | (6,8134)
zylzr ~ ryrzy [111111,111112,111131,444444,111451,123136] | (6,8140)
[111111,111112,123112,444444,444445.111456] | (6,11028)
[111111,111112,123452,444444,445444,111116] | (6,11086)
PB[6,178] (A) [111111,111112,111113,113451,113451,121116] | (6,7974)
22~ o [111111,111112,111331,111451,111451,123116] | (6,7962)
Ty ~ r2yx [111111,111112,111331,123451,123451,111116] | (6,8252)
22y? ~ zyxy [111111,111122,111133,113411,121156,121156] | (6,8249)
ry’r &~ yryx [111116,111126,111136,113416,121156,111116] | (6,8131)
TYZT R T2YT [111116,111126,111316,111416,123156,111116] | (6,7946)
(B) [111155,111255,111355,113455,111155,121156] | (6,8156)
22~ 23 [111444,112444,113444,111444,111445,121456] | (6,11025)

YT ~ $2y$

$2y2 ~ ymzy

TYzx ~ TZYx

$2y2z ~ nyxz

PBI[6,179] (A) [111111,111112,111113,113451,113453,121116] | (6,7975)
z? ~ 23 [111111,111112,111331,123451,123452,111116] | (6,8253)

ryr ~ xlyx

ryzy ~ yriy

TYZT R T2YT
(B)

Z.UQ ~ $3
zyr ~ rlyx
ryzy ~ yrly
TYZT R TZYT
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PB[6,180] (A) [111111,111112,111113,113451,113541,121116] | (6,6369)
22~ gt [111111,111112,111331,111451,111541,123116] | (6,6369)
Ty ~ r3yT [111111,111112,111331,123451,123541,111116] | (6,6462)
ryle ~ 22y? [111111,111122,111133,113411,121156,121165] | (6,6462)
TYZT R T2YT [111116,111126,111136,113416,121156,666661] | (6,4076)
zyr ~ y2a? [111116,111126,111316,111416,123156,666661] | (6,4076)
[111155,111255,113155,121456,555511,556511] | (6,4185)
[111155,111255,113156,121455,555511,555611] | (6,4185)
[111155,111255,123155,111456,555511,555611] | (6,4187)
[111155,111255,123156,111455,555511,556511] | (6,4187)
[111444,121444,113456,444111,445111,464111] | (6,4286)
[111444,121446,113454,444111,445111,446111] | (6,4286)
PBI[6,181] (A) [111111,111112,111113,113451,133451,111116] | (6,7976)
2%~ 3

TYTr ~ yzxz

TYZL ~ TZYT
PB[6,182] (A) [111111,111112,111113,113453,113453,121116] | (6,7980)
22~ 23 [111111,111112,111331,111451,111451,123336] | (6,7966)
Ty ~ r2yx [111111,111112,111331,123452,123452,111116] | (6,8254)
ryry =~ yrly [111111,111122,111133,113433,121156,121156] | (6,8251)
TYZT R T2YT [111116,111126,111136,113436,121156,111116] | (6,8132)
xylrr ~ ryryz [111116,111126,111316,111416,123356,111116] | (6,7953)
(B) [111155,111255,111355,113455,111155,121256] | (6,8157)
22~ 3 [111444,112444,113444,111444,111445,122456] | (6,11030)

YT =~ xzyx

zyry ~ yriy

TYZL R TZYT

TYTYZ = nyxz

PBI[6,183] (A) [111111,111112,111113,113453,113543,121116] | (6,6370)
22~ 2t [111111,111112,111331,111451,111541,123336] | (6,6370)
Ty ~ T3y [111111,111112,111331,123452,123542,111116] | (6,6463)
ryTy ~ rY’T [111111,111122,111133,113433,121156,121165] | (6,6463)
TYZT R T2YT [111116,111126,111136,113436,121156,666661] | (6,4077)
e ~ yryz [111116,111126,111316,111416,123356,666661] | (6,4077)
[111155,111255,123255,111456,555511,555611] | (6,4188)
[111155,111255,123256,111455,555511,556511] | (6,4188)
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PB[6,184] (A) [111111,111112,111113,113453,133453,111116] | (6,7982)
ZL‘Q ~ $3
xy:c2 ~ TYT
xy:cz2 ~ y:ry22
PBI[6,185] (A) [111111,111112,111113,113454,113454,113456] | (6,7682)
22~ 2 [111111,111112,111113,122454,122454,122456] | (6,8029)
zyr ~ rlyx [111111,111112,111333,121454,121454,121456] | (6,7715)
rylr ~ yryx [111111,111112,123353,123354,123353,123356] | (6,10934)
Ty’ ~ x2yz [111111,111122,111133,113444,113456,113456] | (6,7688)
rylrz ~ 2%y’ [111111,111122,111133,122444,122456,122456] | (6,8415)
[111111,111122,111333,121444,121456,121456] | (6,7718)
[111111,111122,123333,123344,123356,123356] | (6,11222)
[111116,111126,111136,113446,113456,111116] | (6,7628)
[111116,111126,111136,122446,122456,111116] | (6,8332)
[111116,111126,111336,121446,121456,111116] | (6,7653)
[111116,111126,123336,123346,123356,111116] | (6,11425)
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PB|6,186] (A) [111111,111112,111113,113454,113545,113456] | (6,6246)
22~ ot [111111,111112,111113,122454,122545,122456] | (6,6385)
sy ~ oYz [111111,111112,111333,121454,121545,121456] | (6,6269)
2’z ~ xy? [111111,111112,123353,123354,125535,123356] | (6,6858)
ryz? ~ w2y [111111,111112,123443,124334,124335,123446] | (6,7001)
ryle ~ y?a? [111111,111122,111133,113444,113456,113465] | (6,6282)
[111111,111122,111133,122444,122456,122465] | (6,6524)
[111111,111122,111333,121444,121456,121465] | (6,6284)
[111111,111122,123333,123344,123356,123365] | (6,9915)
[111116,111126,111136,113446,113456,666661] | (6,4053)
[111116,111126,111136,122446,122456,666661] | (6,4079)
[111116,111126,111336,121446,121456,666661] | (6,4059)
[111116,111126,123336,123346,123356,666661] | (6,6806)
[111155,111255,113356,113456,555511,555611] | (6,4157)
[111155,111255,123355,123455,555511,555611] | (6,4189)
[111155,111255,123355,123455,555511,556611] | (6,4198)
[111155,112255,113356,113456,555511,555611] | (6,4163)
[111155,122256,122356,122456,555511,555611] | (6,6950)
[111444,122446,123446,444111,445111,446111] | (6,4265)
[111444,122446,123446,444111,455111,446111] | (6,4271)
[111444,122455,123455,444111,445111,446111] | (6,4288)
PB[6,187] (Known basis) [111111,111112,111113,113454,133454,113456] | (6,7987)
Lee and Zhang [111111,111112,111113,113455,133455,133456] | (6,7991)
[4, Proposition 17.5] Note: Lee and Zhang [4]
PB[6,188] (Known basis) [111111,111112,111121,123444,123445,123446] | (6,6432)
Lee and Zhang [111111,111112,111122,123444,123445,123446] | (6,6439)
[4, Proposition 20.1] Note: Lee and Zhang [4]

PB|6,189)] (A) [111111,111112,111123,111234,112345,123456] | (6,5370)

TY N YT

ARSE

()
Ty YT
LE5 ~ .’EG
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PB[6,190] |  (Known basis) | [111111,111112,111123,123434,111125,123456] | (6,5647)
Lee and Li Note: Lee and Li [3]
[3, Chapter 8]
PB[6,191] (Known basis) [111111,111112,111123,123444,123445,123456] | (6,6447)
Lee and Li Note: Lee and Li [3]
[3, Chapter 9]
B[6,192] (A) [111111,111112,111123,444444,112135,123156] | (6,5689)
TYZ = T2Y [111111,111122,111233,112344,123455,123466] | (6,5692)
.CU4 = 1'5
PB[6,193] (A) [111111,111112,111123,444444,112135,123456] | (6,5690)
%y ~ Ty
ot~ 2d
B[6,194] (A) [111111,111112,111133,111214,111155,123456] | (6,5627)
2® ~ gt [111111,111112,111133,111234,111155,123456] | (6,5628)
22y ~ xyx [111111,111122,111133,111244,121455,123456] | (6,5663)
vy’e ~ g2 [111111,111122,111133,111244,122455,123456] | (6,5671)
[111111,111122,112233,112244,123355,123456] | (6,9469)
[111111,112222,113333,113334,113345,123456] | (6,9624)
PB[6,195] (A) [111111,111112,111133,121411,111155,113156] | (6,8116)
22~ [111111,111112,111331,111441,123451,111116] | (6,7943)
xyx ~ 2’yx [111111,111112,111331,121441,123451,111116] | (6,8169)
aylr ~ y2a? [111111,111112,111333,111444,121454,113446] | (6,8119)
TYTZT N TYZT [111111,111112,111333,111444,123454,111446] | (6,7972)
ay?er ~ a?yzy | [111111,111122,111133,113411,111155,121156] | (6,8120)
[111111,111222,111223,111444,123454,111446] | (6,8020)
[111111,112222,113333,113334,113453,123336] | (6,10906)
[111111,112222,113333,113334,123453,113336] | (6,10897)
B[6,196] (A) [111111,111112,111133,121412,111155,113156] | (6,8117)
22~ 23 [111111,111112,111331,111441,123452,111116] | (6,7950)
ryz ~ 22yz [111111,111112,111331,121442,123452,111116] | (6,8172)
Ty’ ~ yryx [111111,111122,111133,113433,111155,121156] | (6,8121)
TYTZT R TYZT [111111,112222,113333,113334,113454,123336] | (6,10907)
wyer A~ ayzzy | [111111,112222,113333,113334,123454,113336] | (6,10898)
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PB[6,197] (A) [111111,111112,111133,444444,121155,123156] | (6,8206)
22~ 3 [111111,111112,111333,121444,121555,123446] | (6,8264)
zyr ~ rlyx [111111,111122,111333,121444,123455,123466] | (6,8486)
YT ~ ryr’ [111111,111122,123113,444444,111155,123156] | (6,13340)
zylr ~ 2%y? [111111,111122,123313,124414,111155,123356] | (6,13376)
TYTZL R TYZT [111111,111222,123113,111444,111555,123446] | (6,13411)
ry2ly ~ xz2y? [111111,111222,123133,111444,123455,123466] | (6,13610)
PB[6,198] (A) [111111,111112,111141,444444,555555,111116] | (6,8218)
xy ~ ry? [111111,111112,111141,444444,555555,444446] | (6,8224)
22yz ~ x’zy [111111,111112,111142,444444,555555,111116] | (6,8225)
[111111,111112,111142,444444,555555,444446] | (6,8229)
[111111,111112,111144,444444,555555,555556] | (6,8236)
[111111,111112,333333,333311,555555,555556] | (6,10977)
[111111,111112,333333,333312,555555,555556] | (6,10978)
[111111,111112,333333,333313,555555,111116] | (6,10979)
[111111,111112,333333,333313,555555,333336] | (6,10985)
[111111,111112,333333,335553,555555,111116] | (6,11127)
[111111,111112,333333,335555,555555,333336] | (6,11120)
[111111,111112,333333,335555,555555,555556] | (6,11117)
[111111,111122,333333,444444,111155,111355] | (6,11285)
[111111,111122,333333,444444,333166,333366] | (6,11397)
[111111,111122,333333,444444,333355,443355] | (6,11405)
[111111,112222,113333,113335,115555,116666] | (6,10348)
PB[6,199] (A) [111111,111112,111141,444444,555555,113416] | (6,8219)
z? =~ 3 [111111,111112,111141,444444,555555,113446] | (6,8220)
YT ~ YT’ [111111,111112,333333,333313,555555,113416] | (6,10980)
ryr ~ xy’x [111111,111112,333333,333313,555555,113436] | (6,10981)
xy2? ~ xyzy [111111,111112,333333,335555,555555,333456] | (6,11119)
[111111,111112,333333,335555,555555,553456] | (6,11118)
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PB[6,200] (A) [111111,111112,111141,444444,555555,121116] | (6,8221)
2~ 23 [111111,111112,111142,444444,555555,122116] | (6,8226)
Ty ~ Ty’ [111111,111112,333333,333313,555555,121116] | (6,10982)
22yz ~ 2’2y [111111,111112,333333,335553,555555,121116] | (6,11128)
TyTy ~ TY’T [111111,111122,333333,444444,121155,121355] | (6,11331)
(B) [111111,112222,123333,123335,125555,126666] | (6,11579)
22~
YT ~ xyx2
TYza X rYaz
PB[6,201] (Known basis) [111111,111112,111141,444444,555555,123416] | (6,8222)
Lee and Zhang [111111,111112,111141,444444,555555,123446] | (6,8223)
[4, Proposition 21.1] | [111111,111112,111142,444444,555555,123416] | (6,8227)
[111111,111112,111142,444444,555555,123446] | (6,8228)
[111111,111112,333333,333313,555555,123416] | (6,10983)
[111111,111112,333333,333313,555555,123436] | (6,10984)
Note: Lee and Zhang [4]
PB[6,202] (A) [111111,111112,111143,444444,555555,121156] | (6,8232)
2~ 2? [111111,111112,111143,444444,555555,122156] | (6,8233)
Ty ~ Ty’ [111111,111112,333333,333314,555555,121156] | (6,10988)
Tyzy ~ 1Y’z [111111,111112,333333,333314,555555,121256] | (6,10989)
(B) [111111,111112,333333,335554,555555,123336] | (6,11126)
2%~ a3 [111111,111112,333333,335554,555555,125556] | (6,11124)
YT ~ :L‘ya:2
ZEyQZ ~ rYzy
PB[6,203] (A) [111111,111112,111233,111234,123455,123456] | (6,5654)
23~
YT yac2
x2y3m ~ x3y3
(B)
3~ rt
YT ~ ym2

$3y3 ~ x2y3x
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PB[6,204] (A) [111111,111112,111331,111441,111551,123136] | (6,7975)
2~ 23 [111111,111122,111133,113413,121155,121166] | (6,8253)

YT ~ nyx

TYTY ~ nyx

TYZT = TZYT
PBJ[6,205] (A) [111111,111112,111333,121454,121454,123456] | (6,8264)
22~ a3 [111111,111122,111333,121444,123456,123456] | (6,8486)
ryx ~ YT [111111,111122,123413,123413,111155,123456] | (6,13411)
Ty ~ Ty’ [111111,111222,123113,111454,111454,123456] | (6,13376)
ry’r ~ yryx [111111,111222,123133,111444,123456,123456] | (6,13610)
TYTZT R TYZT [111116,111126,111336,121446,123456,111116] | (6,8206)
rylrz ~ 2y’ [111116,111226,123136,111446,123456,111116] | (6,13340)
PB[6,206] (A) [111111,111112,111333,121454,121545,123456] | (6,6471)
2~ ! [111111,111122,111333,121444,123456,123465] | (6,6550)
ryr ~ w3y [111111,111122,123413,124314,111155,123456] | (6,11230)
22y ~ ryx? [111111,111222,123113,111454,111545,123456] | (6,11230)
ryle ~ 2%y? [111111,111222,123133,111444,123456,123465] | (6,11521)
rylx ~ y?a? [111116,111126,111336,121446,123456,666661] | (6,4089)
[111116,111226,123136,111446,123456,666661] | (6,8873)
[111155,111255,123355,123456,555511,556611] | (6,4199)
[111155,112255,113356,123456,555511,555611] | (6,4199)
[111155,121255,113356,123456,555511,565611] | (6,9017)
[111444,122446,123456,444111,455111,446111] | (6,4295)
PB[6,207] (Known basis) [111111,111112,112143,444444,555555,123456] | (6,9726)

Edmunds et al.
[1, Theorem 3.2]

Note: Edmunds et al. [1]
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PB[6,208] (A) [111111,111112,113153,444444,113155,113456] | (6,12774)
xy ~ zy? [111111,111112,113453,113454,555555,113456] | (6,12885)
22yzy ~ xyrzy [111111,111112,333333,333454,333455,113456] | (6,13136)
(B) [111111,111222,333333,111446,113456,111466] | (6,13664)
xy ~ ry? [111111,111222,333333,113446,113456,113466] | (6,13685)
22y ~ xyTayz [111111,111222,333333,113456,333556,333656] | (6,13698)
[111111,121226,333333,121246,123256,121266] | (6,14222)
[111111,122256,122356,122456,122556,666666] | (6,14223)
[111116,111126,113336,114446,113456,111166] | (6,12185)
[111116,111126,113336,114446,113456,116666] | (6,12324)
[111116,112226,113336,113456,115556,111616] | (6,12392)
[111116,112226,113336,113456,115556,116666] | (6,12462)
[111116,122226,122236,144446,122456,111166] | (6,14252)
[111116,122226,122236,144446,122456,166666] | (6,14253)
[111155,111255,333366,113456,111555,333666] | (6,14080)
[111155,122255,123455,144455,115155,116155] | (6,12492)

Continued on next page

57




Table 1 — Continued from previous page

1d Basis Proposal Min.Lex GAP
PB[6,209] (A) [111111,111112,113153,444444,113155,123456] | (6,12776)
22~ 3 [111111,111112,113453,113454,555555,123456] | (6,12886)
ryr ~ v’y [111111,111112,123153,444444,123155,123456] | (6,12967)
Ty ~ Ty’ [111111,111112,123453,123454,555555,123456] | (6,13058)
z2y? ~ xyxy [111111,111112,333333,333454,333455,123456] | (6,13137)
TYTZT R TYZT [111111,111222,333333,111446,123456,111466] | (6,13668)
[111111,111222,333333,113446,123456,113466] | (6,13689)
[111111,111222,333333,121446,123456,121466] | (6,13716)
[111111,111222,333333,123446,123456,123466] | (6,13726)
[111111,111222,333333,123456,333556,333656] | (6,13736)
[111111,121226,333333,121246,123456,121266] | (6,14262)
[111111,122256,122356,123456,122556,666666] | (6,14263)
[111116,111126,113336,114446,123456,111166] | (6,12776)
[111116,111126,113336,114446,123456,116666] | (6,12886)
[111116,111126,123336,124446,123456,111166] | (6,13668)
[111116,111126,123336,124446,123456,116666] | (6,13689)
[111116,112226,113336,114446,123456,111166] | (6,12967)
[111116,112226,113336,114446,123456,116666] | (6,13058)
[111116,112226,123336,123456,125556,111616] | (6,13716)
[111116,112226,123336,123456,125556,116666] | (6,13726)
[111116,122226,122236,144446,123456,111166] | (6,14262)
[111116,122226,122236,144446,123456,166666] | (6,14263)
[111155,111255,333366,123456,111555,333666] | (6,14152)
[111155,122255,123456,144455,115155,116155] | (6,13137)
[111155,122256,123456,144456,115155,116155] | (6,13736)
PBI[6,210] (A) [111111,111112,113451,444444,445134,121116] | (6,10837)
22~ 2t [111111,111112,113453,444444,445135,123456] | (6,10842)
Tyx ~ YT [111111,111122,113333,114444,123456,124365] | (6,11385)
22y ~ 2y [111111,111122,333333,333344,123456,341265] | (6,9937)
(B) [111111,111122,333333,444444,123456,124365] | (6,11396)
22~ 2t [111111,111222,333333,113446,123456,331664] | (6,11459)
22y ~ xyx? [111111,112222,113333,114444,123456,124365] | (6,11392)
ryr ~ w3y [111111,112222,123333,123456,125555,125634] | (6,11598)
ryzlax ~ ryzazrz | [111111,122256,122356,123456,555555,566612] | (6,8924)
[111111,122446,123456,644221,645221,666666] | (6,9065)
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PB[6,211] (A) [111111,111112,123151,444444,123151,111116] | (6,12949)
2~ 23 [111111,111112,123151,444444,123151,444446) | (6,12951)
zyr ~ rlyx [111111,111122,123111,444444,111156,111156] | (6,13327)
YT ~ xy’e [111111,111122,123111,444444,444456,444456] | (6,13334)
22y ~ zyzy [111111,111122,123311,124411,111156,111156] | (6,13371)
TYZT R T2YT [111111,111122,123411,123411,111155,111166] | (6,13402)
[111116,111126,123316,124416,111156,111116] | (6,13327)
[111116,111226,123116,111446,111556,111116] | (6,12949)
[111155,112255,113355,114455,111155,121156] | (6,12951)
[111444,112444,113444,111444,121455,121466] | (6,13334)
PB[6,212] (A) [111111,111112,123151,444444,123151,111416] | (6,12950)
22~ a3 [111111,111112,123451,123451,555555,111116] | (6,13045)
ryr ~ xlyx [111111,111112,123454,444444,123454,444446) | (6,13061)
Ty ~ ry’T [111111,111122,123111,444444,111456,111456] | (6,13330)
229’2 ~ ryxz [111111,111122,123411,444444,111156,111156] | (6,13407)
[111111,111122,123444,444444,444456,444456] | (6,13438)
PB[6,213] (A) [111111,111112,123151,444444,123152,111116] | (6,12952)
22~ 23 [111111,111112,123151,444444,123152,444446) | (6,12954)
zyr ~ rlyx [111111,111122,123411,123422,111155,111166] | (6,13404)

TYZT X TZYT

TYRZYZ = TZYZ
PB[6,214] (A) [111111,111112,123151,444444,123152,111416] | (6,12953)
22~ a3 [111111,111112,123451,123452,555555,111116] | (6,13047)

ryx ~ rlyx
Tyr ~ xy’a
TYZTY = TYTZY
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PB[6,215] (A) [111111,111112,123151,444444,125131,111116] | (6,10949)
2~ ! [111111,111112,123151,444444,125131,444446] | (6,10951)
Ty ~ r3yT [111111,111122,123111,444444,111156,111165] | (6,11299)
TyT A~ TYST [111111,111122,123111,444444,444456,444465] | (6,11410)
zyr ~ x2y? [111111,111122,123311,124411,111156,111165] | (6,11228)
TYZT X T2YT [111111,111122,123411,124311,111155,111166] | (6,11227)
[111116,111126,123316,124416,111156,666661] | (6,8856)
[111116,111226,123116,111446,111556,666661] | (6,8863)
[111155,121155,113356,114456,555511,565511] | (6,9004)
[111155,121156,113355,114455,555511,556611] | (6,9009)
PBJ[6,216] (A) [111111,111112,123151,444444,125131,111416] | (6,10950)
22~ 2t [111111,111112,123451,124351,555555,111116] | (6,10967)
Ty ~ T3y [111111,111112,123454,444444,125434,444446) | (6,10976)
TyT ~ TYT [111111,111122,123111,444444,111456,111465] | (6,11306)
ryr ~ x2y? [111111,111122,123411,444444,111156,111165] | (6,11300)
[111111,111122,123444,444444,444456,444465] | (6,11412)
PB[6,217] (A) [111111,111112,123152,444444,123152,111116] | (6,12958)
22~ 23 [111111,111112,123152,444444,123152,444446] | (6,12960)
Ty ~ r2yz [111111,111122,123122,444444,111156,111156] | (6,13348)
TYTYZ N TYTZ [111111,111122,123122,444444,444456,444456] | (6,13355)
LYYz R T2YZ [111111,111122,123322,124422,111156,111156] | (6,13382)
(B) [111111,111122,123422,123422,111155,111166] | (6,13416)
22 ~ 2® [111116,111126,123326,124426,111156,111116] | (6,13348)
Ty ~ r2yx [111116,111226,123226,111446,111556,111116] | (6,12958)
TYTZ R TYTYZ [111155,112255,113355,114455,111155,122256] | (6,12960)
TYzY R T2YZY [111444,112444,113444,111444,122455,122466] | (6,13355)
PBI[6,218] (A) [111111,111112,123152,444444,123152,111416] | (6,12959)
2?2 ~ a3 [111111,111112,123452,123452,555555,111116] | (6,13051)
Ty ~ YT [111111,111122,123122,444444,111456,111456] | (6,13351)
Ty ~ ry’T [111111,111122,123422,444444,111156,111156] | (6,13419)

TYTYZ = TYTZ
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PB[6,219] (A) [111111,111112,123152,444444,125132,111116] | (6,10954)
22~ ot [111111,111112,123152,444444,125132,444446] | (6,10956)
zyr ~ iy [111111,111122,123122,444444,111156,111165] | (6,11301)
zyr ~ xyix [111111,111122,123122,444444,444456,444465] | (6,11411)
ryry ~ Ty’T [111111,111122,123322,124422,111156,111165] | (6,11233)
ry2ly ~ rzyzy [111111,111122,123422,124322,111155,111166] | (6,11232)
[111116,111126,123326,124426,111156,666661] | (6,8858)
[111116,111226,123226,111446,111556,666661] | (6,8865)
PB[6,220] (A) [111111,111112,123152,444444,125132,111416] | (6,10955)
z? ~ 2t [111111,111112,123452,124352,555555,111116] | (6,10970)
xyr ~ iy [111111,111122,123122,444444,111456,111465] | (6,11307)
ryr ~ xyix [111111,111122,123422,444444,111156,111165] | (6,11302)
xzyw ~ a:yx2
TYTY ~ :L‘y2x
PB[6,221] (A) [111111,111112,123153,444444,123153,123156] | (6,12964)
2~ a3 [111111,111122,123133,444444,123156,123156] | (6,13363)
zyr ~ xlyx [111111,111122,123333,124444,123356,123356] | (6,13398)
ryz? ~ wryz [111111,111122,123433,123433,123455,123466] | (6,13425)
rylrz ~ 22y’ [111116,111126,123336,124446,123356,111116] | (6,13665)
[111116,111226,123336,123446,123556,111116] | (6,13654)
PB[6,222] (A) [111111,111112,123153,444444,123153,123456] | (6,12965)
2%~ a3 [111111,111112,123453,123453,555555,123456] | (6,13056)
ryr ~ xlyx [111111,111122,123133,444444,123456,123456] | (6,13366)
ryr ~ YT’ [111111,111122,123333,124444,123456,123456] | (6,13401)
TYTZT R TYZT [111111,111122,123433,444444,123456,123456] | (6,13433)
rylrz ~ 2y’ [111116,111126,123336,124446,123456,111116] | (6,13666)

(B)
22~ 3
~ 2
TYT = TYx
YT ~ ryr’
TYZX R TYTZT
22y%z ~ xylrz
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PB[6,223] (A) [111111,111112,123153,444444,125135,123156] | (6,10959)
2~ ! [111111,111122,123133,444444,123156,123165] | (6,11370)
ryr ~ T3y [111111,111122,123333,124444,123356,123365] | (6,11375)
ry’r ~ x2y? [111111,111122,123433,124344,123455,123466] | (6,11236)
Ty ~ xzyz [111116,111126,123336,124446,123356,666661] | (6,8861)
[111116,111226,123336,123446,123556,666661] | (6,8876)
[111155,122256,123256,144456,555511,556511] | (6,9007)
[111155,122256,123356,124456,555511,556611] | (6,9019)
PB[6,224] (A) [111111,111112,123153,444444,125135,123456] | (6,10960)
z? ~ 2t [111111,111112,123453,124354,555555,123456] | (6,10973)
Tyr ~ w3y [111111,111122,123133,444444,123456,123465] | (6,11386)
v’y ~ ryx? [111111,111122,123333,124444,123456,123465] | (6,11388)
rylr ~ x%y? [111111,111122,123433,444444,123456,123465] | (6,11391)
[111116,111126,123336,124446,123456,666661] | (6,8862)
[111155,122256,123456,144456,555511,556511] | (6,9008)
PB[6,225] (A) [111111,111112,123451,124531,125341,111116] | (6,14914)
z? ~ 2P [111111,111222,123111,111456,111564,111645] | (6,14914)
zyz ~ ytz? [111156,111256,123156,111456,555561,666615] | (6,14937)
rylr ~ x2y? [111446,121446,113456,444661,454661,666114] | (6,15924)
PB[6,226] (A) [111111,111112,123452,124532,125342,111116] | (6,14915)
z? ~ 2P [111111,111222,123222,111456,111564,111645] | (6,14915)
ryr ~ Yy [111156,111256,123256,111456,555561,666615] | (6,14938)

TYTY ~ nyx
PBI[6,227] (A) [111111,111112,123453,124534,125345,123456] | (6,14916)
2%~ 2P [111111,111222,123333,123456,123564,123645] | (6,14919)
ryr ~ Yy’ [111156,111256,123356,123456,555561,666615] | (6,14939)
ryr ~ x2y? [111446,122456,123456,444661,445661,666114] | (6,15929)
PBI[6,228] (A) [111111,111113,111133,111144,111455,111466] | (6,3339)
22~ 23 [111111,111122,111124,111144,122255,122266] | (6,3889)
22y ~ xyz [111111,111122,111124,111144,122255,144466] | (6,3930)
22yz ~ 2’2y [111111,111122,111124,111144,144455,122266] | (6,3932)
PB[6,229] (Known basis) [111111,111113,111133,111344,123455,123466] | (6,5661)

Lee and Zhang
[4, Proposition 20.7]

Note: Lee and Zhang [4]
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PB[6,230] (Known basis) [111111,111113,111133,123411,111155,111166] | (6,7976)
Lee Note: Lee [2]
[2, Proposition 5.1]
PB[6,231] (A) [111111,111113,111133,123433,111155,111166] | (6,7982)
22~ 3
ryr ~ xlyx
22yzy ~ x?2yz
PB[6,232] (Known basis) [111111,111113,111133,123444,123455,123466] | (6,8276)
Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 22.1]
PB[6,233] (Known basis) [111111,111113,111133,444444,123455,123466] | (6,8281)
Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 22.5]
PB[6,234] (A) [111111,111113,111331,111441,123451,111661] | (6,3806)
2~ 2? [111111,111113,111331,111441,123453,111661] | (6,3819)
Tyr ~ TyT? [111111,111122,111133,112122,111155,121456] | (6,3809)
zylr ~ x%y? [111111,111122,111133,112122,111155,122456] | (6,3822)
ryle ~ y2a?
r2y2? ~ xyrz?
PB[6,235] (A) [111111,111113,111331,111451,111451,111661] | (6,3370)
2%~ [111111,111122,111133,112122,111156,111156] | (6,3376)
22y ~ yxy [111116,111126,111136,112116,111156,111116] | (6,3368)
ryrz ~ xlyz [111116,111126,111136,112126,111156,111116] | (6,3374)
[111155,111255,111355,111455,111155,112155] | (6,6175)
[111155,111255,111355,111455,111155,112255) | (6,6176)
PB[6,236] (A) [111111,111113,111331,111451,111541,111661] | (6,2960)
22~ ot [111111,111122,111133,112122,111156,111165] | (6,2962)
22y ~ zyx [111116,111126,111136,112116,111156,666661] | (6,1237)
ryz ~ ryz’ [111116,111126,111136,112126,111156,666661] | (6,1238)
zyz ~ y3a? [111444,111445,113444,444111,445111,446111] | (6,1323)
[111444,112444,113444,444111,444112,446111] | (6,1319)
[111444,112444,113444,444111,445111,454111] | (6,1349)
[111444,112444,113444,444111,445111,455111] | (6,1351)
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PB[6,237] (A) [111111,111113,111331,123451,123451,111661] | (6,3938)
2~ 23 [111111,111113,111331,123453,123453,111661] | (6,3942)
ryr ~ v’y [111111,111122,111133,112122,121456,121456] | (6,3941)
ry’r ~ yry [111111,111122,111133,112122,122456,122456] | (6,3947)
r?y2? ~ 2?2yz [111116,111126,111136,112116,121456,111116] | (6,3812)
ryxrz? ~ x?yz? [111116,111126,111136,112116,122456,111116] | (6,3825)
[111116,111126,111136,112126,121456,111116] | (6,3814)
[111116,111126,111136,112126,122456,111116] | (6,3827)
[111155,111255,111355,113456,111155,131155] | (6,6435)
[111155,111255,111355,113456,111155,131355] | (6,6436)
[111155,111255,111355,122456,111155,112155] | (6,6442)
[111155,111255,111355,122456,111155,112255] | (6,6443)
PBI[6,238] (A) [111111,111113,111331,123451,123541,111661] | (6,3045)
22~ 2t [111111,111113,111331,123453,123543,111661] | (6,3047)
Ty ~ T3y [111111,111122,111133,112122,121456,121465] | (6,3047)
rylr ~ x2y? [111111,111122,111133,112122,122456,122465] | (6,3049)
zylx ~ ya? [111116,111126,111136,112116,121456,666661] | (6,1259)
2?y2? ~ 2?2y [111116,111126,111136,112116,122456,666661] | (6,1260)
[111116,111126,111136,112126,121456,666661] | (6,1260)
[111116,111126,111136,112126,122456,666661] | (6,1261)
[111444,111445,123454,444111,445111,446111] | (6,1350)
[111444,111445,123455,444111,445111,446111] | (6,1352)
[111444,112444,113456,444111,445111,454111] | (6,1350)
[111444,112444,113456,444111,445111,455111] | (6,1352)
[111444,112444,123446,444111,445111,444121] | (6,1347)
PBJ[6,239] (A) [111111,111113,111333,111444,123454,111666] | (6,7987)
22~ a3 [111111,111133,111333,111444,111555,123556] | (6,7991)
rYr ~ :L‘anc

$2y22 N XYZTZ

nyz:L" =~ x2yzy
PB[6,240] (A) [111111,111113,333333,111235,555555,666666] | (6,9727)

22y ~ x’yz
ryr ~ Yy’

2y ~ xy’z
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PB[6,241] (A) [111111,111113,333333,111451,111451,666666] | (6,13171)
xy ~ zy? [111111,111113,333333,333453,333453,666666] | (6,13196)
TYTZ = TYZ [111111,111333,333333,444444,444456,444456] | (6,13777)
[111111,121126,333333,444444,121326,121126] | (6,14465)
[111116,122226,122246,144446,155556,111116] | (6,14271)
PB|6,242] (A) [111111,111113,333333,111451,111541,666666] | (6,11162)
xy ~ sy’ [111111,111113,333333,333453,333543,666666] | (6,11170)
22yz ~ x’z2y [111111,111333,333333,444444,444456,444465] | (6,11602)
[111111,121126,333333,444444,121326,161162] | (6,8932)
[111111,121155,333333,444444,151122,151322] | (6,9073)
[111116,122226,122246,144446,155556,666661] | (6,11782)
PB|6,243] (A) [111111,111113,333333,111451,555555,666666] | (6,13172)
Ty ~ YT [111111,111113,333333,111455,555555,666666] | (6,13173)
[111111,111113,333333,333453,555555,666666] | (6,13197)
[111111,111113,333333,333455,555555,666666] | (6,13198)
[111111,111333,333333,444444,444456,666666] | (6,13778)
[111111,121126,333333,444444,121326,666666] | (6,14537)
[111111,122226,122246,144446,155556,666666] | (6,14270)
PB[6,244] (A) [111111,111113,333333,123451,123451,666666] | (6,13184)
2%~ ? [111111,111113,333333,123453,123453,666666] | (6,13188)

YT ~ ryr’

xy’z &~ zyrz
PB[6,245] (Known basis) [111111,111113,333333,123451,123453,666666] | (6,13185)

Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 22.9]
PB[6,246] | (Known basis) | [111111,111113,333333,123451,123541,666666] | (6,11165)
Lee and Zhang [111111,111113,333333,123453,123543,666666] | (6,11166)
[4, Proposition 23.1] Note: Lee and Zhang [4]

PB|6,247] (A) [111111,111122,111133,111144,111455,112455] | (6,2980)
2%~ [111111,111122,111133,111144,122255,122355] | (6,3032)
YT ~ ryr’ [111111,111122,111133,112144,113155,113255] | (6,2986)

z2y? ~ zyry
22yz ~ x’zy
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PB[6,248] (A) [111111,111122,111133,111144,113456,114365] | (6,3008)
22~ gt [111111,111122,111133,111144,122456,144265] | (6,3040)
zyr ~ iy [111111,111122,111134,111143,113456,113465] | (6,3006)
xyz? ~ 2y
vy ~ yla
PB[6,249] (A) [111111,111122,111133,111244,121456,121456] | (6,5659)
PAESE [111111,111122,111133,111244,122456,122456] | (6,5668)
ryrz ~ Yz [111111,111122,112233,112244,123356,123356] | (6,9466)
xy’r ~ yryx [111116,111126,111136,111246,121456,111116] | (6,5613)
TYZL R TZYX [111116,111126,111136,111246,122456,111116] | (6,5621)
[111116,111126,112236,112246,123356,111116] | (6,9450)
PB[6,250] (A) [111111,111122,111133,111244,121456,121465] | (6,5453)
2%~ xd [111111,111122,111133,111244,122456,122465] | (6,5457)
TYz R T2Y [111111,111122,112233,112244,123356,123365] | (6,9383)
zylr ~ y?a? [111116,111126,111136,111246,121456,666661] | (6,2856)
(B) [111116,111126,111136,111246,122456,666661] | (6,2858)
TYz R T2Y [111116,111126,112236,112246,123356,666661] | (6,5305)
z2y? ~ yay [111155,111255,111355,113456,555511,555613] | (6,2872)
x3 ~ b [111155,111255,111355,122456,555511,555612] | (6,2874)
TYz R T2Y [111155,111255,112355,123455,555511,555611] | (6,2881)
z2y? ~ yaly [111444,112444,123446,444111,445111,446112] | (6,2894)
3~ xd [111444,112444,123455,444111,445122,446122] | (6,5319)
PB[6,251] (A) [111111,111122,111133,111244,121456,122456] | (6,5661)
PAESE

22yr ~ ryx?
ryzy ~ r’y?

xy’x = yryx
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Basis Proposal

Min.Lex

GAP

PB(6,252]

(A)
Z.UQ ~ $3
2, ~
22y ~ xyz
TYz A Ty’
22yz ~ 2y
(B)
z? =~ 3
2, ~
22y ~ xyz
ryz ~ YL’
TYzO R TYZ

[111111,111122,111133,112112,111155,111166]

(6,3372)

PB[6,253]

)
zyr ~ rlyx
Tyz A~ Ty
ryx ~ x2y?
rylx ~ yia?
(B)
22~ a3
zTyx ~ 22yx
Tyx ~ ryr
2,2
22y% ~ zyzy
TYZTAY N YrIray

TYZATZ X TYZAZT

[111111,111122,111133,112114,121455,123456]
[111111,111122,111133,112114,122455,123456]
[111111,111122,111133,112124,121455,123456]
[111111,111122,111133,112124,122455,123456]

PB[6,254]

(A)
22~ 3
Ty ~ ya’
Tyrz ~ rlyz
(B)

i
D
TYT A yx

22yz ~ zyrz

[111111,111122,111133,112144,123456,123456]
[111116,111126,111136,112146,123456,111116]

(6,3950)
(6,3839)

67
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PB[6,255] (A) [111111,111122,111133,112144,123456,123465] | (6,3051)
22~ gt [111116,111126,111136,112146,123456,666661] | (6,1262)
22y ~ xyz [111444,112444,123456,444111,445111,446121] | (6,1348)
xy? ~ yxy [111444,112444,123456,444111,445111,456111] | (6,1354)
(B) [111444,112445,123456,444111,445111,446111] | (6,1354)
z? ~ gt
22y ~ xyz
2y ~ yx?
PB[6,256] (A) [111111,111122,111133,112233,111155,112255] | (6,5441)
w2y ~ 12y
YT ~ ryr’
ny = xy3
3y ~ 2?yz
(B)
TYz A YL’
3y ~ 2’y
3y ~ yaly
PB[6,257] (A) [111111,111122,111133,112233,111156,111156] | (6,5579)
22y ~ 1y? [111116,111126,111136,112236,111156,111116] | (6,5577)
ny ~ xy3
ryr ~ i
TYZT =2 T2YL
(B)
ryz A YL’
TYTZ N YTYZ
PB[6,258] (A) [111111,111122,111133,112233,111156,111165] | (6,5427)
22y ~ x2%y° [111116,111126,111136,112236,111156,666661] | (6,2852)
zyz ~ 'ty [111444,112444,113444,444111,445111,445122] | (6,2890)
ny = xy4
ryx ~ P2
PB[6,259] (A) [111111,111122,111133,112234,111155,113356] | (6,5595)
xy? ~ xy’

3y ~ 2yx
zyz? ~ 23y
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PB[6,260] (A) [111111,111122,111133,112234,111155,123456] | (6,5647)
:US ~ ﬂ04
x3y ~ x2yx
xyx2 ~ ac3y
PBJ[6,261] (A) [111111,111122,111133,112244,113355,123456] | (6,5654)
3~ ot
x2y N TYT
a:y?’xQ ~ y3x3
PB[6,262] (A) [111111,111122,111133,112244,113356,113356] | (6,5603)
zy? ~ xy° [111116,111126,111136,112246,113356,111116] | (6,5596)
TYTrz = x2yz
PBI[6,263] (A) [111111,111122,111133,112244,113356,113365] | (6,5449)
zy? ~ zy? [111116,111126,111136,112246,113356,666661] | (6,2854)
TYz A T2y [111444,112444,113455,444111,445111,446122] | (6,2892)
PB[6,264] (A) [111111,111122,111133,112244,123456,123456] | (6,5676)
23~ [111111,111122,111233,111244,123456,123456] | (6,5675)
YT ~ Yy’ [111111,111122,112133,112244,123456,123456] | (6,9461)
ryrz & rlyz [111116,111126,111136,112246,123456,111116] | (6,5648)
[111116,111126,111236,111246,123456,111116] | (6,5642)
[111116,111126,112136,112246,123456,111116] | (6,9442)
PB[6,265] (A) [111111,111122,111133,112244,123456,123465] | (6,5461)
3~ 2P [111111,111122,111233,111244,123456,123465] | (6,5461)
%y ~ zyx [111111,111122,112133,112244,123456,123465] | (6,9379)
zy? ~ yay [111116,111126,111136,112246,123456,666661] | (6,2860)
(B) [111116,111126,111236,111246,123456,666661] | (6,2860)
23~ 2® [111116,111126,112136,112246,123456,666661] | (6,5303)
22y ~ zyx [111444,112444,123456,444111,445111,446122] | (6,2896)
2y ~ ya? [111444,112444,123456,444111,445112,446112] | (6,2896)
[111444,112444,123456,444111,445121,446122] | (6,5317)
PBI[6,266] (A) [111111,111122,111133,444444,111155,112155] | (6,6510)
22~ a3 [111111,111122,333333,333344,111155,111255] | (6,9924)
( )

Ty ~ Ty’
22y ~ zy’z

22yz ~ 222y

[111111,111222,111333,111444,111555,112444]

6,6169
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PB[6,267] (A) [111111,111122,111133,444444,111455,112455] | (6,6512)
ZEQ [ I3
Ty ~ Ty’
22y ~ ry’x
PB[6,268] (Known basis) [111111,111122,111133,444444,113156,133156] | (6,8448)
Lee and Zhang | [111111,111122,333333,333344,121156,121256] | (6,11262)
[4, Proposition 23.9] Note: Lee and Zhang [4]
PB[6,269] (Known basis) [111111,111122,111133,444444,113456,133456] | (6,8453)
Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 24.1]
PBI6,270] (A) [111111,111122,111133,444444,123156,132165] | (6,6536)
22 ~ ot [111111,111123,111132,444444,123156,123165] | (6,6602)
ryr ~ w3y
ryz? ~ 22’y
PB[6,271] | (Known basis) | [111111,111122,111133,444444,123456,132465] | (6,6543)
Lee and Li [111111,111123,111132,444444,123456,123465] | (6,6605)
[3, Chapter 10] Note: Lee and Li [3]
PB[6,272] (A) [111111,111122,111233,112344,123456,123456] | (6,5692)
TYZ R YTz [111116,111126,111236,112346,123456,111116] | (6,5689)
.CU4 =~ $5
PB[6,273] (A) [111111,111122,111233,112344,123456,123465] | (6,5471)
Ty A YT [111116,111126,111236,112346,123456,666661] | (6,2863)
2~ 2 [111444,112445,123456,444111,445111,456112] | (6,2899)
PB[6,274] (A) [111111,111122,112133,444444,123156,123156] | (6,9736)
23~ ot [111116,111226,112336,123446,123556,111116] | (6,9736)
ryrz ~ 1Yz
TYZT R T2YT
(B)
ZES [ I4
22yr ~ 3yx
TY20 N T2YQ
PB[6,275] (A) [111111,111122,112133,444444,123156,123165] | (6,9595)
3~ 2® [111116,111226,112336,123446,123556,666661] | (6,5740)
ryz N z2y [111155,112255,123356,124456,555511,556612] | (6,5754)
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PB[6,276] (Known basis) [111111,111122,112133,444444,123456,123456] | (6,9739)
Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 24.5]
PB[6,277] (A) [111111,111122,112133,444444,123456,123465] | (6,9597)
23~ b
2%y ~ xyz
PB[6,278] (Known basis) [111111,111122,112233,112244,123456,124365] | (6,9386)
Lee and Li [111111,111122,112234,112243,123456,123465] | (6,9386)
[3, Chapter 11] Note: Lee and Li [3]
PB[6,279] (A) [111111,111122,113434,113443,113456,113465] | (6,10409)
xy ~ zy’ [111111,112222,113355,113456,113553,113654] | (6,10410)
ryx ~ ylryx [111155,111255,113156,111455,115151,116153] | (6,10203)
[111155,111255,113356,113456,115551,116653] | (6,10218)
[111155,122256,122356,122456,155551,166652] | (6,8921)
[111156,112256,113456,114356,115656,116556] | (6,10411)
[111444,112445,113446,114441,115442,116443] | (6,9882)
[111444,122455,123455,144411,155422,156422] | (6,9062)
PB[6,280] (A) [111111,111122,113434,113443,123456,123465] | (6,11385)
22~ ot [111111,111122,123434,123443,123456,123465] | (6,11392)
zy? ~ yPay? [111111,112222,123355,123456,123553,123654] | (6,11598)
Ty ~ ryd [111155,111255,113156,121455,115151,116153] | (6,10837)
[111155,111255,113356,123456,115551,116653] | (6,10842)
[111155,111255,123356,123456,115551,126653] | (6,11459)
[111155,122256,122356,123456,155551,166652] | (6,8924)
[111156,112256,123456,124356,115656,116556] | (6,11396)
[111444,112445,123456,114441,115442,126453] | (6,9937)
[111444,122455,123456,144411,155422,156422] | (6,9065)
PB[6,281] | (Known basis) | [111111,111122,123111,444444,111456,444165] | (6,11311)
Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 25.5]
PB[6,282] | (Known basis) | [111111,111122,123122,444444,111456,444165] | (6,11312)

Lee and Zhang
[4, Proposition 25.2]

Note: Lee and Zhang [4]
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PB[6,283] (A) [111111,111122,123123,444444,111155,123156] | (6,13356)
2 ~ 23 [111111,111122,123323,124424,111155,123356] | (6,13385)
Ty ~ 2y [111111,111222,123223,111444,111555,123446] | (6,13420)
Ty ~ ryr [111111,111222,123233,111444,123455,123466] | (6,13612)

TYTY ~ nyx

xyz2y N TRZYRY
PBJ[6,284] (A) [111111,111122,123123,444444,111155,123456] | (6,13357)
22~ 3 [111111,111122,123123,444444,111455,123456] | (6,13358)
ryr ~ 2y [111111,111122,123123,444444,444455,123456] | (6,13359)
Ty ~ TYs [111111,111122,123323,124424,111155,123456] | (6,13386)
zyxy ~ ry’T [111111,111122,123423,444444,111155,123456] | (6,13422)
[111111,111222,123123,111444,111555,123456] | (6,13413)
[111111,111222,123223,111444,111555,123456] | (6,13421)
PB[6,285] (Known basis) [111111,111122,123333,124444,123456,124365] | (6,11395)
Lee and Li Note: Lee and Li [3]
[3, Chapter 12]

PBI[6,286] (A) [111111,111122,123411,123411,111156,111165] | (6,11227)
z? ~ zt [111111,111122,123411,124311,111156,111156] | (6,11228)
ryx ~ P2 [111116,111126,123416,123416,111156,666661] | (6,8863)
TYZT R T2YT [111116,111126,123416,124316,111156,111116] | (6,11299)
[111116,111226,123116,111456,111456,666661] | (6,8856)
[111116,111226,123116,111456,111546,111116] | (6,10949)
[111155,112255,113455,114355,111155,121156] | (6,10951)
[111155,121155,113456,113456,555511,565511] | (6,9009)
[111155,121156,113455,113455,555511,556611] | (6,9004)
[111444,112444,113444,111444,121456,121465] | (6,11410)
PB[6,287] (A) [111111,111122,123411,123412,111155,111166] | (6,13403)
22~ o [111111,111122,123412,123421,111155,111166] | (6,13408)
Tyxr ~ Yy [111111,111122,123412,123422,111155,111166] | (6,13409)

YT ~ nyx

TYZL X TZYT
PB[6,288] (A) [111111,111122,123411,123422,111156,111165] | (6,11229)
22~ 2t [111116,111126,123416,123426,111156,666661] | (6,8864)

ryr ~ ylryx

TYZT R TZYT
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PB[6,289] (A) [111111,111122,123412,123412,111155,111166] | (6,13404)
22~ 3 [111116,111226,123126,111446,111556,111116] | (6,12952)
zyr ~ rlyx [111155,112255,113355,114455,111155,121256] | (6,12954)

TYZT R TZYT

TYTYZ = TYTZ
PB[6,290] (A) [111111,111122,123412,124312,111155,111166] | (6,11229)
22~ 2t [111116,111226,123126,111446,111556,666661] | (6,8864)

zyr ~ iy

Tyx ~ 2T

ryTy ~ rY’T

TYZT R TZYT
PB[6,291] (A) [111111,111122,123413,123424,111155,123456] | (6,13413)
x? =~ 3 [111111,111122,123423,123424,111155,123456] | (6,13421)
ryr ~ xlyx [111111,111222,123223,111454,111455,123456] | (6,13386)
ryr ~ YT’ [111116,111226,123236,111446,123456,111166] | (6,13357)
Tyry = YT’y [111116,111226,123236,111446,123456,111666] | (6,13422)
[111116,111226,123236,111446,123456,116166] | (6,13358)
[111155,112255,113355,123456,111555,122656] | (6,13359)
PB[6,292] (A) [111111,111122,123422,123422,111156,111165] | (6,11232)
22~ gt [111111,111122,123422,124322,111156,111156] | (6,11233)
ryr ~ ylryx [111116,111126,123426,123426,111156,666661] | (6,8865)
xylrz ~ ryxyz [111116,111126,123426,124326,111156,111116] | (6,11301)
[111116,111226,123226,111456,111456,666661] | (6,8858)
[111116,111226,123226,111456,111546,111116] | (6,10954)
[111155,112255,113455,114355,111155,122256] | (6,10956)
[111444,112444,113444,111444,122456,122465] | (6,11411)
PB[6,293] (A) [111111,111122,123423,123423,111155,123456] | (6,13420)
z? =~ 3 [111111,111222,123223,111454,111454,123456] | (6,13385)
zyr ~ xlyx [111111,111222,123233,111444,123456,123456] | (6,13612)
YT ~ YT’ [111116,111226,123236,111446,123456,111116] | (6,13356)

ryzy ~ yay
xylrz ~ ryryz
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PB[6,294] (A) [111111,111122,123423,124324,111155,123456] | (6,11234)
22~ ot [111111,111222,123223,111454,111545,123456] | (6,11234)
ryx ~ YT [111111,111222,123233,111444,123456,123465] | (6,11522)
r?yxr ~ ryx? [111116,111226,123236,111446,123456,666661] | (6,8874)
Tyry ~ Y’
ry’r ~ yryx
PB[6,295] (A) [111111,111122,123433,123433,123456,123465] | (6,11389)
2% ~ [111111,111122,123433,124344,123456,123456] | (6,11237)
TyT ~ Yy’ [111116,111126,123436,123436,123456,666661] | (6,8866)
rylrz ~ x2y’z [111116,111126,123436,124346,123456,111116] | (6,11453)
[111116,111226,123336,123456,123456,666661] | (6,8877)
[111116,111226,123336,123456,123546,111116] | (6,11514)
[111155,122256,123456,123456,555511,556611] | (6,9020)
[111155,122456,123456,122456,555511,556511] | (6,9010)
PB[6,296] (Known basis) [111111,111122,333333,444444,111456,114456] | (6,13501)
Lee and Zhang [111111,111122,333333,444444,333456,443456] | (6,13549)
[4, Proposition 26.5] Note: Lee and Zhang [4]
PBI[6,297] (Known basis) [111111,111122,333333,444444,121456,124456] | (6,13527)
Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 26.1]
PB[6,298] (Known basis) [111111,111123,111132,123444,123456,123465] | (6,6598)
Lee and Li Note: Lee and Li [3]
[3, Chapter 13]
PB[6,299] (Known basis) [111111,111123,111333,123444,123456,123666] | (6,8496)
Lee and Li Note: Lee and Li [3]
[3, Chapter 14]
PB[6,300] (A) [111111,111123,123111,444444,111156,156111] | (6,8562)
22~ 23 [111111,111123,123111,444444,444456,456444] | (6,11276)
TYT R TYTYT
w2y~ w2y
ryx? ~ r?yx
PB[6,301] (Known basis) [111111,111123,333333,123411,111156,666666] | (6,13559)
Lee and Zhang [111111,111123,333333,123433,333356,666666] | (6,13561)

[4, Proposition 27.3]

Note: Lee and Zhang [4]
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PB[6,302] | (Known basis) | [L11111,111123,333333,123423,111156,666666] | (6,13560)
Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 27.1]
PB[6,303] (Known basis) [111111,111123,333333,123441,123456,666666] | (6,13562)
Lee and Li [111111,111123,333333,123443,123456,666666] | (6,13563)
[3, Chapter 15] Note: Lee and Li [3]
PB[6,304] (A) [111111,111222,111333,111444,111444,112445] | (6,5854)
%y ~ yir
TyT ~ YT’
ry? ~ 73
(B)
22y ~ y’x
ryz ~ 1y’
PBI[6,305] (A) [111111,111222,111333,111444,112444,121456] | (6,6432)
22~ b [111111,111222,111333,111444,112444,122456] | (6,6439)
TyT ~ YT’
22y? ~ zyry
PB|6,306] (A) [111111,111222,111333,111444,112445,113446] | (6,6183)
562 =~ $3
Ty ~ Ty’
22y? ~ zyry
ryzy ~ 1Y’z
PB[6,307] (A) [111111,111222,111333,111444,112445,123456] | (6,6447)
.',EQ [ 333
Ty ~ Ty’
22y ~ 2?yx
22y? ~ xyry
PB[6,308] (A) [111111,111222,111333,111444,113456,133456] | (6,8276)
2?2 ~ a3

YT ~ YT’
rylr ~ yryx

2?y2? ~ xyrz?
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PB[6,309] (A) [111111,111222,111333,111444,123456,132465] | (6,6598)
1.2 ~ x4

YT =~ 933yx

$2y ~ a:2yx2

nyx ~ y2x2
PB[6,310] (A) [111111,111222,111333,111446,112446,111446] | (6,6167)
22~ 23 [111116,111226,111336,111446,112446,111116] | (6,6165)

YT ~ :L‘ya:2

a2y =~ ylxy

:vzyz ~ y2$z
PB[6,311] (A) [111111,111222,111333,111446,112446,111664] | (6,5793)
22~ ozt [111111,111222,111333,111455,111544,112544] | (6,5794)
ryr ~ rya’ [111116,111226,111336,111446,112446,666661] | (6,3079)
2y ~ 322 [111444,122444,122445,444111,455111,466111] | (6,3141)
PB[6,312] (A) [111111,111222,111333,113446,123456,133466] | (6,8496)

2~

rYr ~ :Uny

YT ~ :Bya:2

:L‘2y2 ~ ryry

xyzzn ~ Yyryxr
PB[6,313] (A) [111111,111222,111333,113456,113564,113645] | (6,9096)
22 ~ 2 [111111,111222,111333,122456,122564,122645] | (6,9098)
TYz R T2Y [111156,111256,111356,113456,555561,666615] | (6,9106)
zyle ~ y?a? [111156,111256,111356,122456,555561,666615] | (6,9108)
[111446,112446,113456,444661,445661,666114] | (6,14978)
[111446,112446,123446,444661,445661,666114] | (6,14980)
[113336,123356,336661,346661,356661,661113] | (6,15942)
[113336,123446,336661,346661,356661,661113] | (6,15944)
[113355,123356,335511,345511,551133,561133] | (6,15952)
PB[6,314] (A) [111111,111222,112333,123456,123564,123645] | (6,9801)
Ty R yx [111156,111256,112356,123456,555561,666615] | (6,9803)
2%~ 28 [113355,123456,335511,345511,551133,561134] | (6,15956)
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PB[6,315] (A) [111111,111222,333333,111444,121456,121456] | (6,13654)
2 ~ 23 [111111,111222,333333,111446,121456,111446] | (6,13665)
Ty ~ 2y [111111,112222,113333,114444,123356,123356] | (6,13425)
Tyrz ~ xlyz [111111,112222,113336,123446,123556,113336] | (6,13398)
xy2y ~ x2%y> [111116,112226,113336,114446,123356,111116] | (6,12964)
[111116,112226,113336,123446,123556,111116] | (6,13363)
PB[6,316] (A) [111111,111222,333333,111444,121456,121465] | (6,11514)
22~ at [111111,111222,333333,111446,121456,111664] | (6,11453)
22y ~ zyx [111111,112222,113333,114444,123356,123365] | (6,11389)
ryzly ~ rz2y? [111111,112222,113336,123446,123556,116663] | (6,11237)
[111116,112226,113336,114446,123356,666661] | (6,8866)
[111116,112226,113336,123446,123556,666661] | (6,8877)
[111155,122255,123256,144455,555511,566611] | (6,9010)
[111155,122255,123356,124456,555511,566611] | (6,9020)
PBI[6,317] (A) [111111,111222,333333,111446,121456,111466] | (6,13666)
22~ a3 [111111,112222,113336,123446,123556,113666] | (6,13401)
ryr ~ r2yx [111116,112226,113336,114446,123356,111166] | (6,12965)
Ty ~ TYT [111116,112226,113336,114446,123356,116666] | (6,13056)
TYTZT X TYZT [111116,112226,113336,123446,123556,111666] | (6,13366)
ryzy ~ x2%y? [111116,112226,113336,123446,123556,116666] | (6,13433)
PB[6,318] (A) [111111,111222,333333,111456,111564,111645] | (6,14920)
zy ~ xy* [111111,111222,333333,333456,333564,333645] | (6,14924)
TYz A T2y [111156,112256,113356,114456,555561,666615] | (6,14934)
[111446,122446,133446,444661,455661,666114] | (6,15931)
PB[6,319] (A) [111111,111222,333333,113456,113564,113645] | (6,14921)
Ty ~ a:y4
:1:2y N TYx
PBI[6,320] (A) [111111,111222,333333,121456,121564,121645] | (6,14922)
2?2 ~ 2P [111156,112256,123356,124456,555561,666615] | (6,14941)
TYz A T2y [111446,122456,133456,444661,455661,666114] | (6,15934)
PB[6,321] (A) [111111,111222,333333,123456,123564,123645] | (6,14923)
x2 ~ x5
xzy R TYyr
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PB[6,322] Inherently non- [111111,111223,123131,111446,123456,146161] | (6,8564)
finitely based Note: B
PB[6,323] Inherently non- [111111,111223,123233,111446,123456,146466] | (6,13747)
finitely based Note: A}
PB[6,324] (A) [111111,111223,333333,111456,111456,666666] | (6,13752)
Ty ~ xy? [111111,111223,333333,333456,333456,666666] | (6,13759)
PB[6,325] (A) [111111,111223,333333,111456,111546,666666] | (6,11550)
zy ~ xy’ [111111,111223,333333,333456,333546,666666] | (6,11554)
x3y ~ nyx
PB[6,326] (Known basis) [111111,111223,333333,123456,123456,666666] | (6,13755)
Lee and Zhang Note: Lee and Zhang [4]
[4, Proposition 27.5]
PB[6,327] (A) [111111,111223,333333,123456,123546,666666] | (6,11552)
x2 ~ $4
TYT ~ a:ya:3
x3y ~ x2y:1:
PB[6,328] (A) [111111,112222,113333,123456,123564,123645] | (6,14919)
z? ~ b [111111,112222,113356,123456,115563,116635] | (6,14916)
22y ~ zyx [111156,112256,113356,123456,555561,666615] | (6,14939)
rylr ~ y’a? [111446,122446,123456,444661,455661,666114] | (6,15929)
PB[6,329] (A) [111111,112222,113336,123456,123456,116663] | (6,11236)
22~ gt [111111,112222,113336,123456,123546,113336] | (6,11375)
ryr ~ w3y [111116,112226,113336,123456,123456,666661] | (6,8876)
ryrz ~ Yz [111116,112226,113336,123456,123546,111116] | (6,11370)
ry’r ~ yryx [111116,112226,113356,123456,113356,666661] | (6,8861)
[111116,112226,113356,123456,115536,111116] | (6,10959)
[111155,122255,123456,123456,555511,566611] | (6,9019)
[111155,122455,123456,122455,555511,566611] | (6,9007)
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PB[6,330] (A) [111111,112222,113336,123456,123546,113666] | (6,11388)
22~ gt [111116,112226,113336,123456,123546,111666] | (6,11386)
Ty ~ ryr’ [111116,112226,113336,123456,123546,116666] | (6,11391)
ryxy ~ x2y° [111116,112226,113356,123456,113556,666661] | (6,8862)
ry’r ~ yryx [111116,112226,113356,123456,115536,111616] | (6,10960)
TYTZT A TlY2T [111116,112226,113356,123456,115536,116666] | (6,10973)
[111155,122455,123456,124455,555511,566611] | (6,9008)
PB[6,331] (A) [111111,112222,113355,123456,113553,123654] | (6,11395)
2~ gt

YT ~ x3yx

YT ~ xyx3

TYyrYy ~ nyy
PB[6,332] (A) [111111,112222,113356,113356,113356,113556] | (6,10298)
22~ 23 [111156,111156,111356,111456,111156,151156] | (6,7541)
22y ~ yxy [111156,111256,111256,111456,111156,115156] | (6,7542)
Y’z ~ 2y [111156,112256,113356,113356,111156,111556] | (6,10244)
[111446,112446,113446,111446,111446,111416] | (6,10417)
[111446,112446,113446,111446,112446,111416] | (6,10418)
[111446,112446,113446,111466,111466,111466] | (6,10646)
[111446,112446,113446,111466,112466,111466] | (6,10647)
PB[6,333] (A) [111111,112222,113456,114365,115643,116534] | (6,9404)
zy ~ xyd [111456,112456,113456,444165,555641,666514] | (6,5325)
2%y ~ ryx [113356,123356,331165,341165,556631,665513] | (6,5329)
Ty ~ y°r? [113356,123356,335561,345561,556613,661135] | (6,9336)
PB[6,334] (A) [111111,112222,123356,123356,123356,123556] | (6,11579)
? ~a? [111156,111156,111356,113456,111156,151156] | (6,8221)
ryx ~ YT [111156,111256,111256,122456,111156,115156] | (6,8226)
Y’z ~ yryz [111156,112256,123356,123356,111156,111556] | (6,11331)
TYZY N YT2Y [111446,112446,123446,111446,111446,111416] | (6,10982)
[111446,112446,123446,111466,111466,111466] | (6,11128)
PB[6,335] (A) [111111,112222,123456,124365,125643,126534] | (6,9405)
22~ b [111456,112456,123456,444165,555641,666514] | (6,5326)
Ty N yx [113356,123456,331165,341165,556631,665513] | (6,5330)
[113356,123456,335561,345561,556613,661135] | (6,9337)
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ryr’z ~ ryz

111116,122226,123456,144446,145236,111116

6,11916
6,14837

1d Basis Proposal Min.Lex GAP
PB[6,336] (A) [111111,121116,113151,444444,113151,161112] | (6,14750)
xR~ a3 [111111,121116,333333,333453,333453,161112] | (6,14769)
TYZL R TZYX [111111,121226,333333,121456,121456,161662] | (6,14679)
[111111,121226,333333,121456,121546,121226] | (6,14832)
[111111,121456,333333,121456,151624,151624] | (6,11914)
[111116,121126,113416,113416,151156,666661] | (6,14626)
[111116,121126,113416,114316,151156,111116] | (6,14750)
[111116,122226,123256,144446,123256,666661] | (6,14641)
[111116,122226,123256,144446,125236,111116] | (6,14832)
[111116,122256,123356,124456,122256,666661] | (6,14641)
[111116,122256,123356,124456,155526,111116] | (6,14679)
[111116,122446,133556,122446,133556,666661] | (6,14654)
[111116,122446,133556,144226,155336,111116] | (6,11914)
[111155,121455,333366,121455,555511,666633] | (6,11894)
[111155,121455,333366,141255,111155,333366] | (6,14813)
[111444,122444,133444,111444,111456,111465] | (6,14769)
[111456,122456,133456,111456,555614,555614] | (6,11894)
PB[6,337] (A) [111111,121116,113451,113451,555555,161112] | (6,14762)
xR~ a3 [111111,121116,113451,114351,555555,121116] | (6,14780)
xyrz ~ xlyz [111111,121226,333333,123456,123456,161662] | (6,14680)
[111111,121226,333333,123456,123546,121226] | (6,14851)
[111111,122256,123456,123456,155526,666666] | (6,14689)
[111111,122256,123456,124356,122256,666666] | (6,14852)
[111111,123456,123456,145236,145236,666666] | (6,11915)
[111116,122226,123456,123456,155556,666661] | (6,14651)
[111116,122226,123456,124356,155556,111116] | (6,14833)
[111155,123456,123456,444466,555511,666644] | (6,11897)
[111155,123456,132456,444466,111155,444466] | (6,14814)
PB[6,338] (A) 111111,121116,113451,444444,445134,121116] | (6,14796)
xR~ 3 111111,122256,123456,123456,555555,566612] | (6,14690)
( )
( )
( )

[ ]
[ ]
[111111,123456,123456,444444,456123,456123]
[ ]
[ ]

111155,123456,333366,341265,111155,333366

6,14817
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1d Basis Proposal Min.Lex GAP
PB[6,339] (A) [111111,121226,333333,121456,121546,121666] | (6,14833)
xR~ a3 [111116,121126,113416,114316,151156,116616] | (6,14780)
ryz’ ~ r2yz [111116,121126,113416,114316,151156,161166] | (6,14762)
[111116,122226,123256,144446,125236,116166] | (6,14851)
[111116,122226,123256,144446,125236,166666] | (6,14852)
[111116,122256,123356,124456,125556,666661] | (6,14651)
[111116,122256,123356,124456,155526,116616] | (6,14680)
[111116,122256,123356,124456,155526,166666] | (6,14689)
[111116,122446,133556,144226,155336,166666] | (6,11915)
[111155,121455,333366,141255,151555,363666] | (6,14814)
[111456,122456,133456,144456,555614,566614] | (6,11897)
PB[6,340] (A) [111111,121226,333333,123456,123546,121666] | (6,14872)
SR [111111,122256,123456,124356,125556,666666] | (6,14883)
22yx ~ ryx’ [111116,122226,123456,124356,155556,116616] | (6,14872)
[111116,122226,123456,124356,155556,166666] | (6,14883)
[111155,123456,132456,444466,155155,466466] | (6,14891)
PB[6,341] (A) [111111,121255,333333,121456,121552,121654] | (6,14837)
xR~ a3 [111155,121156,113355,114455,151151,161152] | (6,14796)
xylay & xzy [111155,122256,123356,124456,155551,166652] | (6,14690)
[111444,121446,333555,141441,353553,161442] | (6,14817)
[111444,122455,133466,144411,155422,166433] | (6,11916)
PB[6,342] (A) [111111,121255,333333,123456,121552,123654] | (6,14887)
xR~ a3 [111111,122446,123456,124426,125436,666666] | (6,14888)
ryrly ~ 22yxy [111444,123456,333555,141441,353553,163452] | (6,14895)
PB[6,343] (A) [111111,121256,333333,121256,121256,121556] | (6,14271)
xy ~ 2y [111156,111156,113356,114456,111156,151156] | (6,13171)
TYZY = x2Y [111156,122256,122256,144456,111156,115156] | (6,14465)
[111446,122446,133446,111446,111446,111416] | (6,13196)
[111446,122446,133446,111466,111466,111466] | (6,13777)
PB[6,344] (Known basis) [111111,121256,333333,123456,126556,666666] | (6,15646)

x A~ x?

TYZ R TYZXZYZ

Note: Band with induced identity G3 ~ I3
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1d Basis Proposal Min.Lex GAP
PB[6,345] (A) [111111,121456,333333,141265,151642,161524] | (6,9501)
xR~ P [111456,122456,133456,444165,555641,666514] | (6,9498)
TYZ = T2Y
PB[6,346] (A) [111111,122256,122256,122356,122256,122556] | (6,9753)
2%y =~ yry [111156,111156,112156,111456,111156,115156] | (6,9699)
xy? ~ x> [111156,122256,122256,122356,111156,111556] | (6,9787)
zy? ~ xy? [111446,111446,112446,111446,111456,114446] | (6,9700)
(B) [111446,111446,112446,116446,116456,111446] | (6,9702)
z?y ~ yxy
TYZ X xygz
xyzz ~ yx22
PB[6,347] (A) [111111,122456,122456,122456,124456,666666] | (6,14272)
Ty ~ x2y
TY X TYTY
(B)
Y =~ :L‘2y
Ty X TYTY
:vyz2 ~ xyxzz
PB[6,348] (A) [111111,123456,132465,444444,156432,165423] | (6,9503)
xR~ P
a:2y ~ TYx
(B)
x A~ xd
Ty ~ 1‘4yw
PB[6,349] (A) [111111,123456,132465,444444,456132,465123] | (6,9504)
Tr = x5
avyac2 ~ m3y
PB[6,350] (A) [111111,123456,134562,145623,156234,162345] | (6,15960)
x ~ 20 [113456,123456,334561,445613,556134,661345] | (6,15961)
TY = YT
(B)
=~ :L’6
TY = Yxr
PB[6,351] (A) [111111,123456,333333,345612,555555,561234] | (6,15903)
x~

xy’r =~ ryxy
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1d Basis Proposal Min.Lex GAP
PB[6,352] (A) [111116,111116,111116,111126,112246,666661] | (6,910)
zy? =~ yry [111116,111116,111126,111126,111246,666661] | (6,910)
TYZ A T2y [111116,111116,111126,111216,112236,666661] | (6,2570)
zt ~ y22? [111116,111116,111126,111226,112136,666661] | (6,2570)
[111444,111444,111445,444111,444111,455113] | (6,928)
[111444,111445,111445,444111,444111,445113] | (6,928)
PB[6,353] (A) [111116,111116,111116,111216,113156,111166] | (6,5551)
zyr ~ Yy’ [111116,111116,111116,111216,113356,111166] | (6,5561)
TYZ R YTYL [111116,111116,123336,123336,123346,116666] | (6,9638)
(B) [111155,111155,112155,111456,111555,111555] | (6,9545)
TYTr ny
TYz nyz
PB[6,354] (A) [111116,111116,111116,111416,112116,111616] | (6,3367)
22~ 3 [111116,111116,111116,111446,112446,111666] | (6,6161)
22y ~ xy? [111116,111116,111126,111416,112116,111616] | (6,3622)
TYZ R YTyL [111116,111116,111126,111446,111446,111666] | (6,5921)
(B) [111116,111116,111126,111446,112446,111666] | (6,6163)
22~ 23 [111116,122226,122226,122226,122326,166666] | (6,4008)
22y ~ xy? [111116,122226,122226,122236,122326,166666] | (6,4010)
22y =~ yry [111155,111155,111155,111455,111555,112555] | (6,6174)
TYz = :UQyz
PB[6,355] (A) [111116,111116,111116,112116,121456,111166] | (6,3811)
2%~ ? [111116,111116,111116,112116,122456,111166] | (6,3824)
zyr ~ Yy’ [111155,111155,111155,113456,111555,131555] | (6,6434)
xyz & r2yz [111155,111155,111155,122456,111555,112555] | (6,6441)
PB[6,356] (A) [111116,111116,111116,113456,133456,666661] | (6,4025)
Ty ~ 23y [111444,123446,123466,444111,444111,444111] | (6,4240)
YT ~ yx2
TYZT R T2YT
(B)
xTY ~ :U3y
YT ~ y:c2

TYZL R TZYX
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GAP

Id

Basis Proposal

Min.Lex

(6,5369)

PB[6,357]

(A)

TYZ X YTZ
I2y2 ~ Igy
(B)

TYZ N YTZ
22yz ~ xyz?
0~ yzabx

[111116,111116,111126,111236,112346,111116]

(6,2583)

PB[6,358]

(A)
TY R Y
J:y3 =~ x?’y
2 & zy?2?
(B)
TY = Yyx
3y ~ xy’
x° & xy?2?
zyzab ~ r3yzab

[111116,111116,111126,111236,112346,666661]
[111444,111444,112445,444111,444112,445123]

(6,2584)

(6,5683)

PB[6,359)

(A)
22y ~ zy?
YT ~ Yy’
(B)
2y ~ ry?
2y &~ yzy
ryza ~ r2yza

[111116,111116,111126,111416,112136,111616]
[111116,122226,122226,122236,122346,166666]

(6,5733)

(6,5636)

PB[6,360]

(A)
22y ~ 23y
2y? ~ 22y
TYT R Yryx
zyz? ~ ryx

(B)
zyr ~ yrd
xyz & r2yz

[111116,111116,111126,123436,111126,111616]
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1d Basis Proposal Min.Lex GAP
PB[6,361] (A) [111116,111116,111126,123446,123446,111666] | (6,6512)
.CE2 ~ x?’
YT = nyx
:1:y2 ~ 9:2y2
xyzz X Yryz
(B)
%~ 23
a;y2 ~ Yy
TYZz = x2yz
TYZL X YTZT
PB[6,362] (A) [111116,111116,111136,111216,111156,111166] | (6,5527)
22y ~ yry [111116,111116,111136,111236,111156,111166] | (6,5532)
ry? ~ xy° [111116,112226,113336,113336,113346,116666] | (6,9643)
22y ~ 2%y [111155,111155,112155,111455,111555,111655] | (6,9539)
PB[6,363] (A) [111116,111116,111136,111216,113156,111166] | (6,5553)
22y ~ 2%y [111116,111116,111136,111236,113356,111166] | (6,5563)
Ty ~ yr? [111116,112226,123336,123336,123346,116666] | (6,9657)
r2yr ~ Ty [111155,111155,112155,111456,111555,111655] | (6,9546)
(B)
xzy ~ x?’y
rYr ~ y:c2
YT ~ nyac
PB[6,364] (A) [111116,111116,111236,111236,123456,111166] | (6,5641)
22y &’y
TYTr ~ yx2
(B)
x2y ~ x3y
TYTr ~ ny
PB[6,365] (A) [111116,111116,111336,121446,121556,111666] | (6,7659)
22~ 23 [111155,111155,123355,124455,115555,116655] | (6,10620)

zyr ~ rlyx
z2y? ~ zyzy
2’z = xyz
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1d Basis Proposal Min.Lex GAP
PB[6,366] (A) [111116,111116,111336,121456,121456,666661] | (6,4058)
2~ ! [111116,111116,111336,121456,121546,111116] | (6,6222)
ryx ~ P2 [111155,111155,123455,123455,555511,556611] | (6,4164)
ryrz ~ Yz [111155,112255,113456,113456,555511,555511] | (6,4162)
(B) [111155,112255,113456,114356,111155,111155] | (6,9873)
22~ 2t [111444,123446,123446,444111,455111,444111] | (6,4270)
TYr = ya:y2;c
TYZz xy3z
x2yz N TYrz
PB[6,367] (A) [111116,111116,111336,121456,121546,111666] | (6,6225)
22~ gt [111155,111155,123455,124355,115555,116655] | (6,9878)
TYT ~ y3:z2
acyzQ N XYz
PB[6,368] (A) [111116,111116,112116,111446,111556,111666] | (6,9689)
22y ~ xy? [111116,122226,122226,122326,155556,166666] | (6,9777)
YT ~ :L‘ny
:z:y2 ~ xy3
(B)
1:2y ~ acy2
TYZ R T2YZ
PB[6,369] (A) [111116,111116,112116,111456,111456,666661] | (6,5736)
TYz N yrz [111116,111116,112116,111456,111546,111116] | (6,9531)
2y =~ y’ay [111116,122256,122256,122356,122256,666661] | (6,9649)
[111116,122256,122256,122356,155526,111116] | (6,5744)
[111116,122446,122446,144226,144236,111116] | (6,5758)
[111155,111155,113455,113455,555511,555512] | (6,5750)
[111444,111444,112444,111444,111456,111465] | (6,9551)
PB[6,370] (A) [111116,111116,112116,111456,111546,111666] | (6,9534)
Ty ~ yr’ [111116,122256,122256,122356,155526,166666] | (6,5746)
ryz ~ ylryz [111116,122446,122446,144226,144236,166666] | (6,5760)
xy® & Py
(B)
x2y ~ ya?2y2

xyz ~ Yz
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1d Basis Proposal Min.Lex GAP
PB[6,371] (A) [111116,111116,113456,114536,115346,111116] | (6,14901)
Ty ~ y31:y [111116,122456,122456,144526,155246,111116] | (6,14954)
TYZ R Yrz [111116,123356,135526,135526,152236,111116] | (6,15915)
[111155,123455,134255,142355,111155,111155] | (6,14911)
[111156,111156,113456,113456,555561,666615] | (6,14930)
[111156,122456,122456,122456,555561,666615] | (6,14949)
[111446,123446,123446,444661,444661,666114] | (6,15930)
PB[6,372] (A) [111116,111116,113456,114536,115346,116666] | (6,14906)
ry ~ ey [111116,122456,122456,144526,155246,166666] | (6,14958)
ryr ~ Yy’ [111116,123356,135526,135526,152236,166666] | (6,15920)
(B)

xy = yry®
PB[6,373] A) [111116,111116,113456,114536,115346,666661] | (6,9112)
zy =~y [111116,122456,122456,144526,155246,666661] | (6,11936)
(B) [111116,123356,135526,135526,152236,666661] | (6,14986)
TY Ny [111155,123455,134255,142355,555511,555511] | (6,9116)
xy~x'y [111156,111156,113456,114356,555561,666615] | (6,11931)
[111156,122456,122456,144256,555561,666615] | (6,9115)
[111156,123356,132256,132256,555561,666615] | (6,9119)
[111446,123446,132446,444661,444661,666114] | (6,14987)
PB[6,374] (A) [111116,111116,123456,124536,125346,111116] | (6,14920)
zy ~ aty [111155,123456,134256,142356,111155,111155] | (6,14924)
TYZ R YTz [111156,111156,123456,123456,555561,666615] | (6,14934)
(B) [111446,123456,123456,444661,444661,666114] | (6,15931)

zy ~ xty

TYZ = YTZ
PB[6,375] (A) [111116,111116,123456,124536,125346,116666] | (6,14921)

xy ~ xly

ryr ~ Yy’
PB[6,376] (A) [111116,111116,123456,124536,125346,666661] | (6,9113)
zy~z'y [111155,123456,134256,142356,555511,555511] | (6,9117)
Tyr ~ Yy’ [111156,111156,123456,124356,555561,666615] | (6,11933)
rylr ~ 2%y? [111446,123456,132456,444661,444661,666114] | (6,14988)
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1d Basis Proposal Min.Lex GAP
PB[6,377] (A) [111116,111126,111136,111246,121456,111166] | (6,5614)
23~ gt [111116,111126,111136,111246,122456,111166] | (6,5622)
zyle ~ yryz [111116,111126,112236,112246,123356,111166] | (6,9451)
ryz? & xzyz [111155,111255,112355,123455,111555,111655] | (6,9582)
PB[6,378] (A) [111116,111126,111136,112116,111156,111166] | (6,3373)
2%~ 23 [111116,111126,111136,112126,111156,111166] | (6,3378)
22y ~ yzy [111155,111255,111355,111455,111555,112555] | (6,6177)
x2y2 ~ x2y
PBI[6,379) (A) [111116,111126,111136,112116,121456,111166] | (6,3813)
2~ 23 [111116,111126,111136,112116,122456,111166] | (6,3826)
ryr ~ Yy [111116,111126,111136,112126,121456,111166] | (6,3815)
e ~ yryz [111116,111126,111136,112126,122456,111166] | (6,3828)
22y2? ~ x?zyz [111155,111255,111355,113456,111555,131555] | (6,6437)
(B) [111155,111255,111355,122456,111555,112555] | (6,6444)
$2 ~ 1‘3
YT ~ a:2y:l;
:z:2yzy ~ x2zy2
TYZATZ = ZTYTALZ
PB[6,380] (A) [111116,111126,111136,112236,111156,111166] | (6,5581)
22y ~ 122
J:y2 ~ acy3
TYT ~ y3x
(B)
TYT X YrYyx
TYZ R a:yz2
PBI[6,381] (A) [111116,111126,111136,112246,113356,111166] | (6,5597)
:zjy2 ~ acy3

r’yx ~ xyz?
zyry ~ x2y?
(B)
zy? ~ zy?
TYzy ~ T2y’

$3y2 ~ ym2y2
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PB[6,382] (A) [111116,111126,111136,113416,121156,111166] | (6,8133)
2~ 23 [111116,111126,111136,113416,121156,111616] | (6,8139)
YT ~ ryr’ [111116,111126,111316,111416,123156,111166] | (6,7947)
xy’x = yryx [111116,111126,111316,111416,123156,111616] | (6,7979)
TYT2T A TYZT [111155,111255,111355,113455,111555,121556] | (6,8158)
ryr’ ~ Yz [111155,111255,113155,121456,115155,116155] | (6,11016)
(B) [111155,111255,113156,121455,111555,111655] | (6,11066)
22~ 23 [111155,111255,123155,111456,111555,111655] | (6,11085)
ryr ~ YT’ [111155,111255,123156,111455,115155,116155] | (6,11023)
x2y2 ~ ywzy
TYZX = TYTZX
a:yxz2 X XZYTZ
PB[6,383] (A) [111116,111126,111136,113436,121156,111166] | (6,8134)
22~ 23 [111116,111126,111136,113436,121156,111616] | (6,8140)
YT ~ ryr’ [111116,111126,111316,111416,123356,111166] | (6,7954)
ryry ~ yrly [111116,111126,111316,111416,123356,111616] | (6,7984)
TYZTZ A TZYTZ [111155,111255,123255,111456,111555,111655] | (6,11086)
[111155,111255,123256,111455,115155,116155] | (6,11028)
PB[6,384] (A) [111116,111126,111236,112346,123456,111166] | (6,5690)
YT ~ ny
xt ~ o
(B)
YT ~ ymz
$4 ~ 335
PB[6,385] (A) [111116,111126,123316,124416,111156,111166] | (6,13407)
22 ~ 28 [111116,111126,123316,124416,111156,116616] | (6,13330)
zyr ~ xlyx [111116,111226,123116,111446,111556,111666] | (6,13045)
ryr ~ xy’e [111116,111226,123116,111446,111556,116116] | (6,12950)
22y ~ xyxy [111155,112255,113355,114455,115555,125556] | (6,13061)
(B) [111155,121155,113356,114456,151155,161155] | (6,13438)
22~ 3

ryr ~ r2yx
m2 2~
Yy = ryry

TYZY = XZYZY
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PB(6,386] (A) [111116,111126,123326,124426,111156,111166] | (6,13419)
2% ~ 18 [111116,111126,123326,124426,111156,116616] | (6,13351)
zyr ~ rlyx [111116,111226,123226,111446,111556,111666] | (6,13051)
ryz? ~ ryx [111116,111226,123226,111446,111556,116116] | (6,12959)
TYZYZ = T2YZ
PB[6,387] (A) [111116,111126,123416,124316,111156,111166] | (6,11300)
22 ~ ot [111116,111126,123416,124316,111156,116616] | (6,11306)
ryz ~ 3> [111116,111226,123116,111456,111546,111666] | (6,10967)
[111116,111226,123116,111456,111546,116116] | (6,10950)
[111155,112255,113455,114355,115555,125556] | (6,10976)
[111155,121155,113456,114356,151155,161155] | (6,11412)
PB[6,388] (A) [111116,111126,123426,124326,111156,111166] | (6,11302)
2% ~ gt [111116,111126,123426,124326,111156,116616] | (6,11307)
zyr ~ ylryx [111116,111226,123226,111456,111546,111666] | (6,10970)
2yr ~ ryx’ [111116,111226,123226,111456,111546,116116] | (6,10955)
PB[6,389] (A) [111116,111136,111336,111446,111556,111116] | (6,7184)
xy ~ ry? [111155,112255,113355,114455,111155,111255] | (6,10475)
TYZT R TZYT
(B)
2y ~ Ty’
22yz ~ ryrz
r2yz ~ 1’2y
PB[6,390] (A) [111116,111136,111336,111446,111556,111666] | (6,7216)
TY ~ :Uy2
zyr ~ rlyx
z?yzy ~ a’zy
PB(6,391] (A) [111116,111136,111336,111446,111556,666661] | (6,4025)
Ty ~ zyd [111444,122444,133444,444111,446111,466111] | (6,4240)
22y ~ zyz

22yz ~ 2’2y
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PB[6,392] (A) [111116,111136,111336,123446,123556,111116] | (6,8448)
22~ 3 [111155,112255,123356,124456,111155,111255] | (6,11262)

zyr ~ rlyx

22y2? ~ 2?2yz
rylrz ~ 2y’
(8)

%~ o3
zryz ~ iy
22y?z ~ zylaz
2yzy ~ x22y?
TYTZT R TZTYT

PB[6,393] (A) [111116,111136,111336,123446,123556,111666] (6,8453)
2 ~ 3
r =T
zyr ~ xlyx
22y2? ~ a’zyz
(B)
2~ 23
ryr ~ xlyx
r2yzy ~ x?2y?

PB[6,394] (A) [111116,111136,111336,123446,123556,666661] | (6,4091)

2? ~ [111444,122456,133456,444111,446111,466111] | (6,4297)
zyr ~ iy
rylr ~ 2%y?

22y2? ~ x’zyz

PB(6,395] (A) [111116,111226,111336,111446,112446,111666] | (6,6171)
2 ~ 3
r =T
YT A ryr’

z?y ~ y?xy

PB[6,396] (A)

22~ gt

[111116,111226,111336,113456,113456,666661] | (

[111116,111226,111336,113456,113546,111116] | (

zyr ~ iy [111116,111226,111336,122456,122456,666661] | (
Tyrs ~ 22y [111116,111226,111336,122456,122546,111116] | (6,6502
22T ~ yryz [111155,112255,113456,113456,555511,556611] | (
[111155,112255,123455,123455,555511,556611] | (
[111444,123446,123446,444111,455111,466111] | (
[ ] (

111444,123455,123455,444111,455111,466111

TYZL R TZYX
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PB[6,397] (A) [111116,111226,111336,113456,113546,111666] | (6,6239)
22~ gt [111116,111226,111336,122456,122546,111666] | (6,6506)
ryr ~ T3y [111155,112255,113456,114356,115555,116655] | (6,9880)

xy’x = yryx
ryz? ~ w2y
(8)
22 ~ gt

zyr ~ 23y

.’I,'2y2 ~ yaczy
xY2y ~ r2y?
PB(6,398] (A) [111116,111226,111336,113456,133456,111666] | (6,8281)
.CEQ ~ $3

zyr ~ rlyx
xy’x = yryx
22y2? ~ xzryz

PB(6,399] (A) [111116,111226,111336,113456,133456,666661] | (6,4091)

2?2 ~ gt [111444,123446,123466,444111,455111,466111] | (6,4297)
zyz ~ iy
zyry ~ x’y?
xy’x = yryx

TYTZT R TZTYL

PB(6,400] (A) [111116,111226,111336,123456,132546,111116] | (6,6602)

2% ~ [111116,111236,111326,123456,123546,111116] | (6,6536)
ryr ~ xiyx
xylz ~ ylaz

PB[6,401] (A) [111116,111226,111336,123456,132546,111666] | (6,6605)
22 ~ gt [111116,111236,111326,123456,123546,111666] (6,6543)
22 ~ Pz
Tyz ~ ryx®
zyzy ~ x2y>
(B)
22~ xt

Tyr ~ Ty’

zy® ~ y oy
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PB[6,402] (A) [111116,111226,112336,123446,123556,111666] | (6,9739)
563 ~ $4
xy22 X rzZYz
PB[6,403] (A) [111116,111226,112336,123456,123456,666661] | (6,5740)
3~ 2P [111116,111226,112336,123456,123546,111116] | (6,9595)
TYz N YTz [111155,112255,123456,123456,555511,556612] | (6,5754)
PBI[6,404] (A) [111116,111226,112336,123456,123546,111666] | (6,9597)
23 ~ 2
TYr =~ yazQ
(B)
23~ 2?
YT ~ me
PB[6,405] (A) [111116,111226,123126,111446,111556,111666] | (6,13047)
22~ 28 [111116,111226,123126,111446,111556,116116] | (6,12953)
YT ~ nyx
acyx2 ~ TYx
TYZTY = TZYTY
PB[6,406] (A) [111116,111236,123116,111456,145116,111116] | (6,8562)
2~ 28 [111444,112445,113446,111444,121454,131464] | (6,11276)
TYT X TYTYT
:I}2y2 ~ y:ch
PB[6,407] (A) [111116,111236,123116,111456,145116,666661] | (6,4103)
22~ gt [111444,121446,113454,444111,454113,446121] | (6,4309)
mzym ~ xyxz
xy2x ~ x2y2
PB[6,408] Inherently non- [111116,111236,123236,111456,145456,666661] | (6,8878)
finitely based Note: A§
PB[6,409] (A) [111116,112226,113456,114536,115346,111116] | (6,14907)
zy ~ xy’ [111156,112256,113456,113456,555561,666615] | (6,14933)
ryx ~ yla? [111446,123446,123446,444661,455661,666114] | (6,15933)

ryrz ~ xlyz
(B)
xy ~ xy’
22y ~ yrly?

22yz ~ zyrz
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PB[6,410] (A) [111116,112226,113456,114536,115346,116666] | (6,14910)
TY ~ xy4
ryx ~ yte?
PB[6,411] (A) [111116,112226,113456,114536,115346,666661] | (6,9113)
xy ~ 2y’ [111155,123455,134255,142355,555511,566611] | (6,9117)
22y ~ xyz [111156,112256,113456,114356,555561,666615] | (6,11933)
ryx ~ 1y x? [111446,123446,132446,444661,455661,666114] | (6,14988)
PB[6,412] (A) [111116,112226,123456,124536,125346,111116] | (6,14922)
2%~ x° [111156,112256,123456,123456,555561,666615] | (6,14941)
TYZ R YTz [111446,123456,123456,444661,455661,666114] | (6,15934)
PB[6,413] (A) [111116,112226,123456,124536,125346,116666] | (6,14923)
2?2 ~ 2P
ryx ~ yr’
PB[6,414] (A) [111116,112226,123456,124536,125346,666661] | (6,9114)
z? =~ 28 [111155,123456,134256,142356,555511,566611] | (6,9118)
TY Ny [111156,112256,123456,124356,555561,666615] | (6,11935)
[111446,123456,132456,444661,455661,666114] | (6,14989)
PB[6,415] (A) [111116,122226,122246,144446,155556,166666] | (6,14272)
2y ~ ry?
xy? ~ xyTy
PB[6,416] (A) [111116,122226,123456,144446,145236,116166] | (6,14887)
xR~ a3 [111116,122226,123456,144446,145236,166666] | (6,14888)
ryrly ~ xy? [111155,123456,333366,341265,151555,363666] | (6,14895)
PB[6,417] (A) [111116,122456,122456,122456,124456,166666] | (6,14270)
TY A YTy [111456,111456,113456,111456,115456,141456] | (6,13172)
[111456,111456,113456,111456,115456,145456] | (6,13173)
[111456,122456,122456,111456,114456,166456] | (6,14537)
[113356,113356,113356,113456,113556,133356] | (6,13197)
[113356,113356,113356,113456,113556,133556] | (6,13198)
[113356,113356,153356,153456,113356,153656] | (6,13778)
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PB[6,418] (A) [111116,122456,122456,122456,124456,666661] | (6,11782)
zy ~ ylxy [111156,111156,113456,114356,111156,151156] | (6,11162)
zy? ~ yry? [111156,122456,122456,144256,111156,115156] | (6,8932)
[111156,123356,132256,132256,111156,111556] | (6,9073)
[111446,123446,132446,111446,111446,111416] | (6,11170)
[111446,123446,132446,111466,111466,111466] | (6,11602)
PB[6,419] (A) [111116,123456,132546,145326,154236,111116] | (6,9501)
x~ a0 [111456,123456,123456,444165,555641,666514] | (6,9498)
TYZ N YTZ
PB[6,420] (A) [111116,123456,132546,145326,154236,166666] | (6,9503)
T~z
Ty ~ yr’
PB[6,421] (A) [111155,111155,112155,111456,111551,111654] | (6,9535)
zyr ~ iy [111155,122256,122256,122356,155551,166652] | (6,5747)
xy? ~ 139> [111444,122455,122455,144411,155422,155423] | (6,5761)
22y ~ 22y
r2yr ~ yad
PB[6,422] (A) [111155,111155,112155,444466,111155,444466] | (6,9766)
2y ~ zzy
PB[6,423] (A) [111155,111155,112155,444466,555511,666644] | (6,5496)
x3 ~ ry? [111444,111444,333555,444111,555333,444112] | (6,5507)
22y ~ zyx
PB[6,424] (A) [111155,111255,123156,111455,115151,126153] | (6,11311)
2%~ gt
zyr ~ iy
w2yx ~ 33
PB[6,425] (A) [111155,111255,123256,111455,115151,126253] | (6,11312)
22~ pd

ryr ~ ylryx

ryzy ~ yrly
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PB[6,426] (Known basis) [111156,111156,111156,112156,111156,111556] | (6,3557)
22~ 3 [111156,111156,111156,112156,111156,115156] | (6,3393)
TYT X 2YT [111156,111156,111156,112156,111156,115556] | (6,3558)
[111156,111156,111256,112156,111156,111556] | (6,3625)
[111156,111156,111256,112156,111156,115556] | (6,3626)
[111446,111446,111446,111446,112446,111416] | (6,6172)
[111446,111446,111446,111446,112446,114416] | (6,6187)
[111446,111446,111446,111446,112446,114446] | (6,6188)
[111446,111446,111446,111466,112466,111466] | (6,6180)
[113336,113346,113366,113366,113366,113366] | (6,9884)
Note: Website W(6,4)
PBI[6,427] (A) [111156,111156,111156,112156,555561,666615] | (6,4335)
x? ~ 322 [113336,113336,336661,336661,346661,661113] | (6,14991)
TYZ A 2y [113336,113346,336661,336661,336661,661113] | (6,14991)
(B) [113355,113355,335511,335511,551133,551233] | (6,14994)
22 ~ yaly? [122255,255511,255511,256511,511122,511122] | (6,15964)
TYz ~ xyza3

PBJ[6,428] (A) [111156,111156,111156,112256,555561,666615] | (6,5763)
23~ P [111156,111156,111256,111256,555561,666615] | (6,5763)
xy? = yry [111156,111156,112156,112256,555561,666615] | (6,9506)
TYz A 2y [122255,255511,255511,256611,511122,511122] | (6,15968)
[122255,255511,255611,255611,511122,511122] | (6,15968)
[122255,255511,256511,256611,511122,511122] | (6,15971)
PBJ[6,429] (A) [111156,111156,111256,112156,555561,666615] | (6,4336)
22 ~ z2y? [113336,113346,336661,336661,346661,661113] | (6,14992)
Ty N yx [113355,113355,335511,335512,551133,551233] | (6,14995)
[122255,255511,255611,256511,511122,511122] | (6,15965)
PB[6,430] (A) [111156,111156,111256,112356,111156,111556] | (6,5686)

xzy ~ Yy

zt ~ yzx2
PBJ[6,431] (A) [111156,111156,111256,112356,555561,666615] | (6,5765)
Ty A yx [113355,113355,335511,335512,551133,551234] | (6,14998)

zt xyg
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PB[6,432] (A) [111156,111156,111356,121456,111156,151656] | (6,7675)
2~ 23 [111446,111446,123446,164446,165446,111446] | (6,10642)
TYT A YTYT [111446,112446,113456,111446,111446,116416] | (6,10425)
Y’z ~ 1Yz [111446,112446,113456,114466,114466,114466] | (6,10644)
PB[6,433] (A) [111156,111156,111356,121456,111556,115156] | (6,8219)
22~ 23 [111156,111156,111356,121456,111556,115556] | (6,8220)
ryr ~ v’y [111446,111446,123446,114446,115446,111416] | (6,10980)
Tyrz ~ ylre [111446,111446,123446,114446,115446,114416] | (6,10981)
[111446,112446,113456,161446,161446,116446] | (6,11118)
[111446,112446,113456,166446,166446,116446] | (6,11119)
PB[6,434] (A) [111156,111156,111356,123456,111156,151656] | (6,8232)
22~ a? [111156,111256,111256,123456,111156,115656] | (6,8233)
Tyr ~ v’y [111446,111446,123456,164446,165446,111446] | (6,11124)
ry’z & yryz [111446,112446,123456,111446,111446,116416] | (6,10988)
[111446,112446,123456,111446,112446,116416] | (6,10989)
[111446,112446,123456,114466,114466,114466] | (6,11126)
PB[6,435] (A) [111156,111156,113356,114456,111656,116656] | (6,12198)
xy ~ 2y’ [111156,122256,122256,144456,111656,166656] | (6,14467)
TYTZY X T2Y [111446,122446,133446,116446,116446,166446] | (6,12526)
PB[6,436] (A) [111156,111156,123356,124456,111156,156656] | (6,13752)
Ty ~ 2y [111446,122456,133456,111446,111446,166416] | (6,13759)
PB[6,437] (A) [111156,111156,123356,124456,111656,116656] | (6,13501)
Ty ~ 2y [111446,122456,133456,116446,116446,166446] | (6,13549)

TYTZY = xzy2
PB[6,438] (A) [111156,111156,123456,124356,111156,156656] | (6,11550)
zy ~ 23y [111446,123456,132456,111446,111446,166416] | (6,11554)

acny ~ yac3

PB[6,439] (A) [111156,111256,111356,113456,111556,115656] | (6,7676)
22~ 3 [111156,111256,111356,122456,111556,155656] | (6,8500)
ryr ~ r’yT [111446,112446,113456,114446,115446,116416] | (6,10426)
ryry ~ Y’y [111446,112446,113456,114466,115466,116466] | (6,10643)

xyzy® ~ xzy?
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PB[6,440] (A) [111156,111256,111356,113456,111556,151156] | (6,8222)
22~ 3 [111156,111256,111356,113456,111556,151556] | (6,8223)
zyr ~ rlyx [111156,111256,111356,122456,111556,115156] | (6,8227)
rylr ~ zyrzx [111156,111256,111356,122456,111556,115556] | (6,8228)
[111446,112446,113456,114446,115446,141446] | (6,10984)
[111446,112446,113456,114446,115446,144446] | (6,10983)
PB[6,441] (A) [111156,111256,112356,123456,111556,115656] | (6,9726)
.CC3 ~ 1’4
nyx ~ x3y:1:
acya:2 ~ yx3
PB[6,442] (A) [111156,111256,123156,111456,111556,156156] | (6,13559)
22~ ? [111446,112446,113446,114446,124456,144466] | (6,13561)
TYT X YrYyx
$2y2 ~ yxy2
PB[6,443] (A) [111156,111256,123256,111456,111556,156556] | (6,13560)
2~
TYT = Yryr
PB[6,444] (A) [111156,112256,113356,114456,111656,116656] | (6,12399)
TY = xy2
TYTZY =~ xsz
PB[6,445] (A) [111156,112256,113356,114456,115556,151156] | (6,13184)
22~ 23 [111156,112256,113356,114456,115556,155556] | (6,13188)
YT ~ J,‘le‘
TYZY ~ xzzy
PB[6,446] (A) [111156,112256,113356,114456,115556,151556] | (6,13185)
22~ axd
YT ~ nyx
ac2y ~ Yy
PB[6,447] (A) [111156,112256,113356,123456,115556,151656] | (6,13562)
22~ 3 [111156,112256,113356,123456,115556,155656] | (6,13563)
YT ~ 932yx
ryry ~ yr’y
PB[6,448] (A) [111156,112256,113456,114356,115556,151156] | (6,11165)
22~ 2t [111156,112256,113456,114356,115556,155556] | (6,11166)

zyr ~ iy
iy ~ y?xy
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1d Basis Proposal Min.Lex GAP
PB[6,449)] (A) [111156,112256,123356,124456,111656,116656] | (6,13527)
zyr ~ rlyx
22y2? ~ xzryz
ryrz? ~ 2y
PB[6,450] (A) [111156,112256,123356,124456,115556,156656] | (6,13755)
22~ a3
Tyr ~ rlyx
PB[6,451] (A) [111156,112256,123456,124356,115556,156656] | (6,11552)
2%~ at
zyr ~ iy
ryr? ~ yad
ryry ~ yrly
PB[6,452] |  (Known basis) | [L11156,122256,123456,144456,115656,166656] | (6,15646)
T~ x2 Note: Band with induced identity G3 ~ I3
TYZ R TYTZTYZ
PB[6,453] (A) [111444,123456,132465,144411,156432,165423] | (6,9504)
xR~ a0
w2yr ~ yad
PB[6,454] (A) [111444,123456,333555,141441,353553,361542] | (6,14897)
x~
PB[6,455] (A) [111456,111456,112456,111456,114456,145456] | (6,9727)
22y ~ yay
zy? ~ zxy?
PB[6,450] (A) [111456,111456,112456,111456,555614,555614] | (6,5496)
z3 ~ y’x [113356,113356,331165,331265,113356,331165] | (6,5507)
TYZ R YTz
PB[6,457] (A) [111456,111456,112456,444165,555641,666514] | (6,5113)
TY = YT [113356,113356,331165,331265,556631,665513] | (6,5114)
23~ iy [122446,211664,211664,466221,466231,644112] | (6,5115)
PB[6,458] (A) [113355,123456,133551,143652,153153,163254] | (6,15903)
ot
zy’x ~ yryx
PB[6,459] (A) [113355,224466,335511,446622,551133,662244] | (6,15959)
x ~ zy’

Yy~ ey’
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1d Basis Proposal Min.Lex GAP
PB[6,460] (A) [113456,113456,334561,445613,556134,661345] | (6,14999)
Ty ~ yrzd [122456,244561,244561,455612,566124,611245] | (6,15973)
PB[6,461] (A) [123456,123456,345612,345612,561234,561234] | (6,15959)
z ~ 1y
Yy ~ 2x2’y
PB[6,462] (Known basis) [123456,214365,345612,436521,561234,652143] | (6,14996)
x =~ y0 Note: Website W(6,5)
TY R Yx
PB[6,463] (A) [123456,214365,351624,462513,536142,645231] | (6,4337)
x ~ 0
22 o g2yb
References

[1] C. C. Edmunds, E. W. H. Lee, and K. W. K. Lee, Small semigroups generating
varieties with continuum many subvarieties, Order 27 (2010), no. 1, 83-100.

2] E. W. H. Lee, Combinatorial Rees-Sushkevich varieties that are Cross, finitely gen-
erated, or small, Bull. Aust. Math. Soc. 81 (2010), no. 1, 64-84.

[3] E. W. H. Lee and J. R. Li, Minimal non-finitely based monoids, Dissertationes Math.
(Rozprawy Mat.) 475 (2011), 65 pp.

[4] E. W. H. Lee and W. T. Zhang, Finite basis problem for semigroups of order six,
LMS J. Comput. Math. 18 (2015), no. 1, 1-129.

100




